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PHAN 1: DAI §0

CONG THU’C LUO'NG GIAC

1. P§ va radian:

0
0 T 180
180) =z (rad); 1°=—— (rad); 1(rad)=| —
(180) =7 (rad) 180()<)[ﬂj
2. Cac hé thirc co ban:
*ang = 0% (cosa * 0); *cota = c.osa (sina ¢O)
cosa sina
* sin’ o + cos’a = 1,Va ;
5 T
*1+tan” a = = a+—+kr, kel
cos” o 2
* 1+cot’a= (a#kn, kel)
sin”
km
* tana.cota =1 a;tT, kel|.
3. Cac hé qua cin nhé:
sin(a +k27) =sina; cos(a +k2m)=cosa
tan(a +k7)=tana, cot(a +krm)=cota

tana xac dinh khi ¢%+k7r,keZ

cota xacdinhkhi a #krw ke Z

—1<sina <1

—1<cosa<l

A 1.
* sm‘x+cos4x:1—;sm2 2x

* sin® x +cos’ x =1 —Zsm2 2x



Diu cdc gid tri lwong gidc:

Goc phan tu
— P I )| I v
sino + & - -
COSQL + — = St
tano + — + —
cota + — + _

4. Cic cung lién két:

a. Cung doi: o va —«a

cos(—a)=cosa;

tan(—a) =—tana;

sin(—a) = —sina

cot(—a) =—cota

b. Cung bu: o va 7 -«

sin(z —a) =sina;

tan(7r — o) = —tana;

cos(T —a)=—-cosa

cot(r —a)=—cota

c. Cung phu: a va %—a

! (7[ ]
sin| ——a |=cosa;
2
T
tan| ——a |[=cota;
2

V4 .
Cos| ——a |=sina
V4
cot[——aj:tana
2

d. Cung hon kém nhau © : o va 7+«

tan(z + o) =tana;

sin(w +a) =—sina;

cot(r +a) =cota

cos(m +a)=—cosa

; T \
e. Cung hon kém nhau Savd—ta

0N

. T
sm[7+a] =cosa;

T
tan(z-l-ajz—cota;

T "
COS[?-F(ZJZ—SIHG

T
COK[E-FGJ =—tano




5. Céc cong thirc bién dbi:

a. Cong thirc cong:

e sin(a = b) = sina cosb * cosa sinb
e cos(a*b)=cosacosb F sina sinb

tana * tanb
e tanatb)= ——
1 F tanatanb
l1Ftanatanb
° cot(aib)=+7
tanattanb

b. Cong thirc nhan doi:

e sin2a = 2 sina.cosa
2 ) 2 5D
e cos2a=cosa—sin‘a=2cos’a—1=1-2sin"a
2tana cot’a—1

e tan2a= —=— cot2a =
l1-tan” a 2cota

X
* Cong thirc tinh theo t = lan—o—

2t . 2t
tanx = S5 SInx = 53COSX = 5
1—1 1+1 1+1

c. Cong thirc ha bdc:

1 + cos2a .2
_ sin‘a =

cos’a = : _ _—
2 2 1+ cos2a

Luu y:

X
* 1+cosx:2coszz

.5 X
* 1—cosx = 2sin’ E

d. Cong thirc bién déi tich vé téng:



=7 GIAO KHOA & PP GIAI TOAN 11

sina.cosb = %[sin(a +b) + sin(a —b)]
1
cosa.cosb = 5[cos(a +b) + cos(a—b)]

sina.sinb = —%[cos(a +b) — cos(a—b)]

e. Cong thikc bién dbi téng vé tich:

e sinA + sinB = 2sin cosA_B
2 2
) . A+B A-B
e sinA - sinB= 2cos sin 5
. cosA+c0sB=2cosA+BcosA_B
2 2
. cosA~cosB=~23inA+Bsi A%B
in(a £
o tanaitan[}=w a;ﬂ¢£+kn’,keZ
cosa.cos B 2

Chu y:

* sinx+cosx:ﬁsin[x+%)zx/§cos(x—§]
L sinx—cosx:\/isin[x—zjz—ﬁcos[x+%J

4



[ Gid tri lwong gidc ciia cdc cung ddc biét:

00

30° 45" 60° | 90° | 120° | 135° | 150" | 180°
Goéc T T T T 2 RY 4 5
0 — — — — — — — /4
6 4 3 2 3 4 6
w0l L2 B ] B [ £ 1|,
2 2 2 2 2 2
cos 1 ﬁ Q l 0 —l \/5 _ﬁ -1
2 2 2 2 N 2
t 0| - 1 Nl 3 1 L 0
an —_— —A/3 _ e
B3 B
t[Il]| V3 1 Lo : I N
co R — —_— _ _ /3
3 3
ol Res
HAM SO LUONG GIAC
1. Cac ham sb lwong gidc:
y:sinx y=C0Sx
-TXD: D=R -TXD: D=R

- La ham s6 l¢
- Ham tuan hoan véi chu ki 27
-Tapgiatr: T = [—I;IJ
- Ham s6 dong bién trong
_r +k27r;£+k27r
2 2
- Ham s6 nghich bién trong

LTV LT
2 2

-La ham‘sé chin

- Ham tuan hoan véi chu ki 27
-Tapgiatr: T'= I:—l;l}

- Ham s6 dong bién trong

(-7 +k2m;k27)

- Ham s6 nghich bién trong
(k27r; T+ k27r)




y=tanx

y=cotx

-TXD: D=R\{%+k7t}

- La ham s6 1¢

- Ham tuan hoan véi chu ki 7
-Tapgiatr: T=R

- Ham s6 dong bién trong

—£+k7r;£+k7z'
2 2

. . o T
- C6 cac duong tiém can x:5+k7r

- TXD: D=R\{%+k7r}

- La ham s6 I¢

- Ham tuan hoan véi chu ki 7
- Tap gié} tri: T = R,

- Ham s0 nghich bién trong
(kﬂ; T+ k7z)

- C6 cac duong tiém can x =k«

2. T4p xéc dinh ciia ham so:
P(x)
0(x)
b) y=4/P(x) xdc dinhkhi P(x)=0

P(x)

a) y= xc dinh khi Q(x)#0

x);y = cosf(x) xac dinh khi f(x)xé.c dinh.

c)y= xac dinh khi Q(x)>0
0 (%)

d) y:sinf(

¢) y =tan f(x) xac dinh khi f(x);t%ﬂm

) y:cotf(x) xac dinh khi f(x);tkn'

3. Tim gi4 tri nhé nhit, gia tri 16n nhét cia ham s6:

a) Ap dung cac tinh chat cua bat dang thirc, va voi moi x ta co:
—1<sinx<1;—-1<cosx<1,0<sin’x<1;0<cos’ x<1

b) Gia tri nho nhét, gia tri lon nhét ctia ham sb y=asinx+bcosx+c

VxeR tacd —Va’ +b* <ainx+bcosx <\a’ +b’

< c—a’ +b* <asinx

4. Xét tinh chiin, 1é cia ham sb:

+bcosx+c<c+a +b’

Cho ham sb y = f(x) xac dinh trén D.




VxeD=-xeD
S(=x)=f(x)
VxeD=-xeD
f=x)==f(x)

* Ham sb y = f(x) duoc goi la ham sb chin néu {

* Ham sb y = f(x) duoc goi la ham b 1é néu {

0l Rt
PHUONG TRINH LUO'NG GIAC

1. Phwong trinh lwgng giac co bén:
a) Phwong trinh sinx =m
* Piéu kién co nghiém: |m‘ <1
* Tim goc a sao cho sina=m (st dung MTCT: a=sin"'m). Ta
duoc: sinx =sina va ap dung cong thuc:
u=v+k2mw

sinu =sinv <
|:M:T[—V+k2ﬂ (keZ)

=v+k360° "
Hay “=v néu trong phuong trinh c¢6 cho do.
u=180° —v+k360°
* Truong hop dac biét:

osinu=0<u=krx

. T
osmu:1<:>u:5+k27r

sinu =16 u=-2+k27
* Néu khong phai 1a gia tri dic biét thi ¢6 thé sir dung cong thirc:

. u=arcsinm + k2w T . /4
sinu=m < . ——<arcsinm<—
u=rm—arcsinm+k2rx 2
: o .| " T
* —sinu :sm(—u); cosu=sin| ——u |, —cosu =sin| u ——
2 2
b) Phuong trinh cosx =m
* Diéu kién c6 nghiém: |m|<1

* Tim goc a sao cho cosa=m (st dung MTCT: a=cos'm). Ta
dugc: cosx =cosa va ap dung cong thirc:



u=v+k2r

COSU =COSV <=
L:—v+k27z (kez)

u=-v+k360
* Truong hop dac biét:

=v+k360°
Hay {u y , €u trong phuong trinh ¢6 cho do.

V4
0COSMIO<‘—‘>M:7+/(7T

ocosu=1<u=k2x
ocosu=—-1<u=n+k2rx
* Néu khong phai la gia tri ddc biét thi co thé st dung cong thic:

u =arccosm +k2mw [

T . T
cosu=m< ——<arcsinm<—

u=—arccosm-+k2xw

" . 7 . ™
—COSM:COS(E—M); smu = Cos 7—1/[ , —SInu = Cos u+5

¢) Phwong trinh tanx =m [x * g + knj

* Tim géc a sao cho tana=m (sit dung MTCT: a=tan 'm)
Ta dugc: tanx =tanava ap dung cong thirc
tanu =tanv<u=v+knm

Hay  u=v+k180° néu trong phuong trinh c6 do.
* Dac biét:
otanu=0<u=krm
ctanu==xl<u :i%-i-kﬂ'
* Néu m khong phai la gia tri dic biét co thé su dung cong thirc:

&

V1 4
tanu=m < u =arctanm +krx [—7<arctanm <5]

V4 V4
- —tanu:tan(—u);cotu:tan ——u |,—cotu=tan| —+u
2 2

d) Phwong trinh cotx=m (x * kﬂ)

.
* Tim goc a sao cho cota=m (st dung MTCT: a=tan™* (—J)
m



Ta duogc: cotx =cotava ap dung cong thic
cotu=cotv<>u=v+knr

Hay  u=v+k180° néu trong phuong trinh c6 do.
* Pac biét:

T
ocotu:0<:>u:5+k7r

T
otanu=*l<u=t—+kz

* Néu m khong phai la gia tri dic biét co thé st dung cong thirc:
cotu=m < u=arccotm+knw (0 <arccotm < 7[)

T 4
* —cotu:cot(—u);tanu:cot ——u |, —tanu=cot| —+u
2 2

2. Phwong trinh béc hai d6i v6i mot ham s6 lwong gidc:

Dang Dit Diéu kién
asin’x+bsinx+c =0 t = sinx -1<t<1
acos’ x +bcosx+c=0 t = cosx -1<r<1
atan’ x+btanx+c =0 t = tanx xi%-kkn (ke Z)
acot’ x+bcotx+c=0 t = cotx x#krn (keZ)

Giai lay nghiém t thich hop sau d6 ap dung phwong trinh co ban.
Chuy:
ocos2x =2cos* x—1=1-2sin* x
osin” x=1-cos’ x
ocos’ x =1-sin” x
3. Phwong trinh bac nhat doi véi sinx va cosx:
a) Dang phwong trinh: asinx+bcosx =c
b) Diéu kién cé nghiém: a* +b* > c*
¢) Phwong phdp gidi:
Chia hai vé ctia phuong trinh cho va’ + b’

: . b :
Ta duoc phuong trinh: 9 sinx+ Cosx = -

\/az+b2 \/az—i-b2 Na’ + b



bat cosa = . =sina = L . Ta dugc phuong trinh:

Ja* + b a + b’

g 5 c .
S x cosa +smacosx:4<:>sm(x+a

Ja*> +b*

) N
Na’ +b’
(*) la phumg trinh dang co ban.

4. Phwong trinh ding cAp bic hai dbi véi sinx va cosx

*)

a) Dang: a.sin’x + b.sinx.cosx +c.cos’x =d (1)
b) Phwong phdp gidi:
* Kiém tra cosx = 0 ¢6 thoa méin hay khong?

; T . ’
Luu y: cosx =0 <:>x:5+k7r & sin’x =1 < sinx ==*1.

* Khi cosx # 0, chia hai vé phuong trinh (1) cho cos” x #0 ta dugc:

a.tan’ x + b.tan x + ¢ = d(1 +tan* x)
* Pjt: t = tanx, dwa vé phuong trinh bac hai theo t:
(a—d)f* +bt+c—d=0
5. Phwong trinh di xirng, phan d6i xing:
a) Dang: a.(sinx *cosx)+ b.sinx.cosx+c=0

b) Phwong phdp gidi:

*Pat: t =cosx sinx = \/E.cos[x$%); |t| < \/5

. . 1
=’ =1+2sinx.cosx = sinx.cosx = iE(IZ —1).

* Thay vao phuong trinh da cho, ta dugc phuong trinh bac hai theo t.
Giai phuong trinh nay tim t thoa It < \/5 . Suyrax.
Chu y:

* cosx+sinx = \/Ecos(x—%J = \/Esin(x-r%j
* cosx—sinx = \/Ecos(x—i—%] = —\/Esin(x—%j

6. Phuong trinh lwgng giac khac:

. Dé giai mot phuong trinh luong giac chua phai la cac dang quen thude
ta can str dung cac phép bicn doi lugng giac dé dua phuong trinh vé dang quen



thudc, co thé’ phan tich phuong trinh di cho vé dang phuong trinh tich hoic ap
dung tinh chét bat ding thuc dé dwa vé hé phuong trinh dé giai.

Cdc phwong phdp gidi phwong trinh lwong gidc thuong sir dung:

* Bicn doi phuong trinh da cho v€ mét trong cac dang phuong trinh co ban
da biét (dua ve cung mét cung hodc cung moét ham so lugng giac....).
A=0
B=0
* Bién dbi phuong trinh vé& dang co thé dit 4n sb phu (dbi xung, dat

* Bién doi phuong trinh di cho vé dang tich: A.B=0< {

X
t=tan—,...
=)

a0l R
PAI SO TO HOP
1. Phép dém:
a) Qui tic cong: ,
Gia su d€ hoan thanh hanh dong (H) ta c¢6 the thuc hién qua cac truong
hop A hodc B hoac C ... (moi truong hop déu hoan thanh cong viéc) 7
Nécu A ¢6 m cach, B ¢6 n cach, C c6 p cach thi co m+n+ p ... cach dé
hoan thanh ('H).
b) Qui tic nhén: .
Gia su d€ hoan thanh hanh dong (H) ta phai qua nhi¢u cong doan (budc)
A, B, C lién ticp nhau.
Cong doqn A c6 m cach, cong doan B c6 n cach, cong doan C cé p
cach... Khi d6 dé hoan thanh (H) thi c6 m.n.p ... cach
2. Hoan vi:
a) Hodn vi: ‘ B ) )
Cho tap A co6 n phan tir, moi cach sap thir tu n phan tir cua A goi la mot
hoan vi.
b) 86 cdc hodn vi n phén tir: P =n!
Chu y: Giai thua
* n! :n.(n —1)...3.2.1
* Quiudc: 0!=1
3. Chinh hop:
a) Chinh hop:



~ Chotap Acon phan tr, mdi bo sdp thir ty gdm k phan tu liy trong n
phan tir cua A (ke N,0<k <n) goi la mét chinh hop chép k cua n.

b) 86 cdc chinh hop chdp k ciia n:
n!
! (n —k)!

4. T6 hop:

=n.(n-1)..(n—k+1)

a) Té hop: ‘ B ) )
Cho tdp A cd6 n phan tu, moi tap hop con gom k phan tor cua A
(keN,0<k <n) goi la mét tb hop chap k cua n.

0z o !
b) 86 cdc to hop chdp k ciia n: C = —
ki(n—k)!

¢) Tinh chit: CS =C'=1 C"I' :C":’k C:' +C"I”1 :C'f‘*ll

5. Cach phén biét t6 hop va chinh hop:

* Chinh hop c6 tinh dén thir tu cua k phan tu.
* T6 hop khong tinh dén thir tu cua k phan tu.
a0l R

NHI TH’C NEWTON
1. Khai trién nhi thirc Newton:
(a+b) =Cld" +Cla" b+ Cla" 7P +...+ Cla" b +..+Cl lab" " +CIb" 86
hang téng quat thi k+1 ctia khai trién: 7, =C'a"*b*

2. Tam gic Pascal: (cho biét gia tri ciia C:)

n\k 0 1 2 3 4 5 6
0 1

1 1 1

2 1 2 1

3 1 8 3 1

4 1 4 6 4 1

S 1 5 10 10 5 1

6 1 6 15 20 15 6 1

Mubn tim C* ta tim s6 ¢ dong n, cét k. Vi du: C. =20 (dong 6, cdt 3)



3. Giai phwong trinh:

Pé giai phuong trinh ta can dat diéu kién cho an sch) va ap dung cong thire
hoan vi, t6 hop, chinh hop dua v€ phuong trinh dai s6 d¢ giai.

Chu y chi lay nhiing nghiém thoa man dicu kién.

5ol R
XAC SUAT

1. Tap hop Q2 tat ca cac két qua co thé xay ra cua phép thir duoc goi la khong
glan mau.

a) Gieo n con suc séc thi ‘.Q’ =6"

b) Gico n déng tién thi [©2]=2"

¢) Lay k vién bi trong hdp co n vién bi thi ‘Q‘ =G

d) Hop 1 c6 m vién bi, hop 2 ¢b n vién bi. L'Qiy k vién 6 hop 1 va h vién &
hop 2 thi |@|=C!C!
2. Mot bién ¢b A lién quan t6i phép thu T la Q2 L, CQ. Bién ¢ A xay ra khi
va chi khi két qua cua T thue Q2 i M3i phan tir cia £ ', goi la két qua thuén
loi cho A ) o ‘
3. Hai bién ¢0 A, B goi la xung khac ncu A, B khong dong thoi xay ra.
4. Hai bicn co A, B goi 1& doc lép, ncu viée xay ra hay khong xay ra cua bi€ co
nay khong anh hudng dén xac suat xay ra cua bién co kia.

P 2,
5. Xac suat cua A la P(A) =
[
6. A,A,..., A, lacac bién cb doi mot xung khic thi

P(A VA U..UA)=P(A)+P(A)+..+P(A)

7. A,A,,... A la cac bién cb doc lap thi
P(AA,..A)=P(A)P(A)..P(A,)

8. A 1a bién cb déi cua bién cb A thi: P(Z) =1-P(A)

9. X la bién ngiu nhién roi rac voi tap gia tri la {xl,xz,...,x”}

a) Ky vong cua X la E(X):ixlpi VOl pi:P(X:xi),i:1,2,3,...,n
=1



b) Phuong sai cua X la V(X) -y (x,. - ,u)zp,. hay

i=1
V(X):ixzpf — i’ trong do p; =P(X:x,.),i:1,2,...,n va ,u:E(X)
i=1
¢) P léch chuén: o (X)=,/E(X)
el Res

DAY SO
1. Tinh don diéu caa day sb:

a) Dinh nghia: Cho diy s6 (u ) néu VneN* ta co:

* u <u  thiddy s6 (u”) 1a day s6 tang.
*u, >u  thiddy s6 (u”) la ddy s6 giam.
* M6t day tang (hay giam) goi la ddy sb don diéu.
b) Cich xét tinh don diéu ciia day sé:
Dé xét tinh don diéu ciia mét diy s6 ta co thé ap dung tinh chat bat dang
thuc dé suy truc tiép. Hoac xéthiéu T =u u

n+l n

*Néu 7>0,VneN* thi (u,) la day so ting.

n

*Néu T'<0,vneN* thi (u,) la day s6 giam.

n

u
n

Néu u, >0,VneN tacd thé xét
u

n+l

* Loy (u”) la day s6 giam.
u

n+l

* Mu

<1 thi (u) la diy sd ting.
n+1

2. Tinh bi chin caa day sé:
a) Pinh nghia: Cho diy s6 (u”) néu VneN* ta co:
* 3M :u, <M thi day s6 (u) bi chén trén.
* Im:u,>m thi ddy so (u ) bi chin dudi.

n

* Day s6 vira bi chin trén vira bi chin dudi goi la day sb bi ehin.



CAP SO CONG
1. Pinh nghia:

(u”) la mot cﬁp sb cong néu VneN* ton tai sd d sao cho u, =u +d
d: cong sai

u : s6 hang téng quat thir n.

n

2. Tinh chat:
a) S6 hang tong quat thu n: u, =u + (n - l)a’

2u , Vn>1

n+l n?

b) (u) la cAp s6 cong < u_ +u
3. Téng n s6 hang dAu tién cia cip s cong:
n(ul +u”) n[2u1 +(n~1)d}

S = =
n F) /)

ol Res

CAP SO NHAN
1. Pinh nghia:

(u”) 1a mot cap s6 nhan néu Vn e N* ton tai sd qsaocho u,  =u .q
q: cong boi
u,: s6 hang tong quat thir n.

2. Tinh chit:
a) S6 hang tong quat: u, = ul.q’”1
o Ko K _gn 2
b) (u”) lacapsonhan <u u A = |:M":| ., Vn>1
3. Téng n s6 hang diu tién:
*g=1thi S =nu
q" _ 1

*g#lthi S =u.
g—1

* CSN liti v han la CSN 6 cong bdi |g| <1 c6 tong S = lﬁ—
-4



GIO'1 HAN CUA DAY SO
1. Pinh nghia:

a) limu, =0 < Vn,lu”‘ nhé hon mét s6 duong cho trude nho tuy y ké tir
mot s6 hang nao do tr¢ di.

b) limu =LeR < lim(u" —L):O

¢) limu, =+ < Vn,u, 16n hon mot s6 duong cho trudce tiy y ké tir mot
s6 hang nao do tro di.

d) limu, =-c0 < Vn,u, nho hon mét s6 dwong cho trude tiy v ké tir mot
s6 hang nao do tro di.

2. Tinh chit:
a) lim(u” tv ) =limu, tlimvy, b) lim (u” v, ) =limu .limv,
¢) lim(ku, ) =k.limu, ) time = 5% (1, 2 0)
\%

myvy
n

€) limu":Lekzﬁln{/;":{/z;lim\/;”:\/Z(LZO)

| <
ot b= limu, =0
limv, =0
3. Mot s6 gi6i han co bén:
.1 N *
a) im—=0 b) limn :+oo(aeN)
n
0, <1 o1
¢) limqg" = |q’ e) im—=0
+00, g>1 \}/;

4. Cach tim giéi han:

a) it thira sb chung n lity thira cao nhit trong ca tir s6 va miu sd, sau do
don gian thira s0 chung d6 roi ap dung cac tinh chat va cac gidi han co ban dé
tinh.

b) Khi trong gidi han c¢6 can thic ta co thé nhan chia cho bidu thuc lén
hop.



GIO'1 HAN CUA HAM SO

1. lim(uiv):limuilimv

x—a x—a x—a

2. lim(u.v) =limu.limv

u) limu
3. lim[—} =i (limv " 0)
x—>al p limvy \x—a
4. l_im\/; = (limu (limu > 0)
g(x)< f(x)< h(x) .
- {]jm g(x)=limh(x)=L = ]gr:f(x) =&
6. lim|f (x)| =40 = lim—— =
x—a ) x—a f(x)
7. Qui tic tinh gidi han:
lim f(x) =+
xa = lim[ f(x).g(x) | = (+) (ty theo dAu cta lim f(x)
limg(x)=L x4 .
va L.

8. Ham s lién tuc:
Ham s6 y= f(x) lién tuc taia < lim f(x)= f(a)

9. Ham s y = f(x) lién tuc trong (a;b) va f(a).f(b) <0 thi phuong trinh
f(x)=0 c6 nghiém trong (a;b) .
10. Giéi han mgt bén:

a) Hrqf(x)@x>a; lim f(x) & x<a
b) Gidi han v6 cuc:
1im £ khi f(a)#0,g(a)=0 . Phantich L - &
x—a* g(.x) g(-x) (.X - a).gl(x)
Tinh M = f@ . Ta cod: lim LiC)) = M.(£0)
g(a) xat g(x)

11. Mét s6 dang vo dinh:

a) Dang vo dinh %



Phuong phap: Tim limM ma f(a)=gla)=0
x> g(x)

Phan tich tir s6 va mAu sb thanh cac thira s6 trong do co6 chita (x —a)
sau do don gian tir va miu cho (x—a).
Chu y:
* Phuong trinh ax” + bx +c=0 c6 nghiém x, thi

ax’ +bx+€:(x—xo)[ax—ﬁ]

%o

* Ciing c6 thé thuc hién phép chia da thirc cho (x — xy)
* Khi trong gi6i han c¢6 can thirc ta c6 thé nhan chia cho biéu thuc lién
hop.
. 0
b) Dang vé dinh —
(e 0]
Phuong phap: Ap dung cac cong thirc

* limx“:+oo(aeN*) * Iij:O

X—>+0 P

* lim x" =

xX—>—0

+00 néu n chen
—0 néun lé
* Néu tinh gidi han dang hitu ty ta dit nhan tu x liy thira cao nhét ¢ ca

tir s6 va mau s, don gian va ap dung cac cong thirc trén.
Chuy:

f b
X, a+—+i2 khi x — 4o
Néu a>0 thi Vax> +bx+c = * &

b ¢ .
=Xy lat—+— khi x — —o0
X X

Phuong phap: Thuc hién phép bién dbi dua vé dang % hoac i
e 0]

¢) Dang vé dinh ©—o va 0.0



HAM SO LIEN TUC
1. Xét tinh lién tuc ciia ham s6 y = f(x) tai x,

*Tinh f(x,) (néu f(x,) khong ton tai thi ham s6 khong lién tuc)

* Tim lim f(x) , khi can c6 thé tinh gidi han 1 bén.

*Sosanh f(x,) va lim f(x) dékét luan.
2. Tim m dé ham s y = f(x) lién tuc tai diém da chi ra

Phuwong phdp:

*Tinh f(a) va tim lim f(x)

* Ham s6 lién tuc tai x=a < lim f(x) = f(a) . Tir diéu kién nay tim m,
khi cAn c6 thé tim 2161 han 1 bén.
3. Chitng minh phwong trinh c6 nghiém:

Phuong phap:

*Pat f(x) lave trai cia phuong trinh, f(x) lién tuc trong D.

* Tim hai sd a, b €D sao cho f(a).f(b) <0 thi phuong trinh c6 nghiém
x € (a;b)

a0l R
PAO HAM CUA HAM SO
1. Bang cac dao ham:
Ham s y = f(x) Ham s6 hop y = f(u),u=g(x)
(C)'=0 C: hing s y o=y u

(x) =1




Ham s y=f(x) Ham s hop y=f(u),u=g(x)

/ u
tanx) = . =1+tan” x tanu) = 5
Ccos” x cos” u
/ 1 / —-u'
cotx) = cotu) =

sin’ x sin’ u

2. Céc qui tic tinh dao ham:
Cho cac ham sd u, v, w 14n luot ¢6 dao ham «’,v',w’ . Ta cb:
i/
a) (u+v—w) =u +v —w'

b) (u.v)/ =u'v+uw/' Hé qua: (C.u)/ =C.u' (C: hing sb)

/
u M/V—L{V/
NI =77
v v

d) u=u(x) c6 dao hamtheox la u’. y= f(u) c6 dao ham theoula y/ thi
ham s6 y = f[u(x)] ¢6 dao ham theox la y/ =y .u’
3. Pao ham cip cao:

* Pao ham cua y’ goi la dao ham cép 2. ki hiéu y”

* Pao ham cua y” goi la dao ham cAp 3, ki hiéu y"”’

* Pao ham cua dao ham cip (n - 1) goi 1a dao ham cép n, ki hiéu y™
4.'Y nghia hinh hoc ciia dao ham:

- Pao ham ctia ham s6 y = f (x) tai diém x, lahé s6 goc cua tiép tuyén
ctia dd thi ham sb do tai diém M, (xo;yo) .

-Néu ham s6 y = f(x) c6 dao ham tai diém x, thi tiép tuyén cia do thi

ham s6 tai diém M, : (xo; yo) ¢6 phuong trinh la:

Y=Y :f'(xo)(x—xo)




TIEP TUYEN CUA PUONG CONG

Viét phwong trinh tiép tuyén véi db thi (C) ciia ham s6 y = f(x):
Co 7 dang sau:
Dang 1: Tiép tuyén tai diém M(xo;yo) e (C) (voiy, = f(xo ))
Phuong trinh tiép tuyén c6 dang: y— Yo =S '(xo)(x - xo)
Dang 2: Tiép tuyén tgi diém cd hoanh @p x = x, thuge (C)
- Tim y, = f(x,) va £'(x,)
- Viét phuong trinh tiép tuyén dang: y— Yo =f '(xo )(x - xo)
Chii $: Néu bai todn yéu cdu viét phwong trinh tiép tuyén tai giao diém cia
(C) va truc tung thi x, =0
Dang 3: T ie”’p tuyén tai diém cé tung dp y = Yy, thugc (C)
- Giai phuong trinh f (x) =y, tim x=x;
- Tim f'(x,)
- Viét phuong trinh tiép tuyén dang: y—y, = f '(xo )(x - xo)
Chii y: Néu bai todn yéu cdu viét phwong trinh tiép tuyén tai giao diém cia
(C) va truc hoanh thi y, =0
Dang 4: Tiép tuyén co hé so goc k cho trwoc
- Tinh y'= f‘(x). Giai phuong trinh f'(x) =k timnghiém x = x,
- Tinh y, = f(xo)
- Viét phuong trinh tiép tuyén dang: y— Vo = f'(x0 )(x — xo)
Dang 5: Tiép tuyén song song voi dwong thang d: y=ax+b
- Do tiép tuyén song song v6i duong thing d nén hé sé goc k cua tiép
tuyen bang a (tirc 1a k, = a, vict nhu dang 4)
Dang 6: Tiép tuyén vuéng goc véi dwong thing d: y =ax+b

- Do tiép tuyén vudng goc v6i duong thing d nén k,a=-1<k, =——
a

(viét nhu dang 4) i
Dang 7: Tiép tuyén tao véi dwong thang d: y=ax+b mdt goc
@, 0<p<90



- Goi o,f lan luot la gbc hop boi tiép tuyén (d), duong théng (A) voi
chiéu dwong truc hoanh. Goi k 1a hé s6 goc cua tiép tuyén, khi do ta
co: (p:|a —,B’ suy ra:

_| tano —tan 3 |_| k—a |

_|1+tanatanﬁ|_’1+ak|

- Giai phuong trinh (1) tim duoc hé s6 goc k cua tiép tuyén (nhu dang 4)

Ian(p:lan’a —,B‘:‘tan(a —,B)‘ D

ol Reé

IIl. Mét sé bi quyét khi hoc cong thirc toan 11

Nhw cac em da thay, s lwong céng thirc toan 11 chi riéng phan dai sb va giai tich da chiém mét lwgng rét Ién, vi vay ching
t6i sé goi y mot sb bi quyét dé gitp cac em hoc hiru hiéu nhét.

1) Nam chéc céc ly thuyét va dinh nghia

O bat ci¢ mén hoc ndo néu mudn hoc gidi thi d&u can phai ndm chac ly thuyét, dinh nghia co' ban. Néu khéng ndm chéc cac kién
thirc nay thi cac em sé khong hiéu ré dwoc ban chat clia van d&, khi giai bai toan nao déu sé ling ting bé&i khéng biét phai ap
dung phép tinh hay dinh Iy ndo. Chinh vi vay cac em can lwu y ghi nhé that ki cac ly thuyét cin ban.

2) Lang nghe, ghi chép nhikng théng tin hitu ich

M&i mot tiét hoc chi kéo dai 45 phut, cac em thwdng chi ghi chép nhirng gi thdy c6 ghi trén bang hodc thay ¢ Iwu y. Tuy nhién,
thuwc sw thweng cd dén 80% nhirng gi thdy cd yéu cau ghi chép c6 & sach gido khoa. Trong khi d6, nhirng ther thay cé gidng dé
gitp cac ban hiéu bai hodc giai thich qua trinh tw duy dé tim dwo'c cach giai hay nhat thi cac em thworng chi ngbi nghe va rat dé
quén ngay sau do. Vivay, hay ghi chép lai bai giang dé co thé rdt ra nhirng gi hiru ich nhat cho ban than nhé.

3) Tom tit dé bai truére khi gidi

C6 rat nhiéu em hoc sinh chii quan hodc chwa co thdi quen tom tat dé bai trwdc khi 1a, didu nay doi khi sé gay ra nhirng sai lam



dang tiéc. Viéc tom tat lai bai toan sé co y nghia rat quan trong trong viéc dwa ra nhirng di liéu chinh xac ma dé bai dat ra, gip
cac em khai quat dwoc duwoc dé bai va yéu ciu can lam dé xac dinh ding hwéng gidi bai toan. Ngoai ra viéc tom tét sé gilp
cac em xac dinh dwoc tinh logic cho bai toan tranh sai so6t va lac de.
4) Lam that nhiéu bai tap
Néu cac em chi hoc ly thuyét thi cac em khé cé thé gidi dwoc cac bai tap, dac biét la cac bai nang cao dé danh nhirng két qua
t6t hon. Khi lam that nhiéu bai tap, cac em sé tiép can véi nhiéu dang toan khac nhau, nhiéu cach tiép can van dé khac nhau, tiv
do khi di thi hoac kiém tra ching ta sé& khéng bi b& ngé trwdc nhirng dang toan la.
5) Hoc tir dé dén kho
Khi lam quen nhirng bai tap co' ban sé tao rat nhiéu déng lwc dé tiép can nhirng bai khd hon nira. Gidi dwoc cac bai toan cac
em sé tao dwoc niém dam mé v&i mon toan va quén di néi so' hai v&i mén hoc nay.
6) Hoc toan ttr nhimg sai lam
Khong chi hoc toan ma con hoc v&i tAt cd mon khac, déu dau tién 1a tinh thdn ham hoc va can than. Khi dwoc thiy co stra chira
I6i sai hay ghi chép can than va xem lai dé tranh méc lai vao cac lan tiép theo. Sai la diéu ma bét ct ai déu gép phai nhung
quan trong la chiing ta stra chira dé& hoan thién va hoc tét hon.
Trén day la toan bd c¢dng thirc toan 11 - phan dai sb va giai tich ma chung t6i da tdng hop va soan thédo lai. M&i cac ban hoc
sinh tham khao

e 1000 D& thi hoc ki 1 I&p 11 n&m 2020 Tai nhidu nhat

e Tir thong la gi? hién twong cdm ng dién tir

Ngoai Céng Thirc Toan 11 day di. M&i cac ban hoc sinh con cé thé tham khdo cac dé thi hoc hoc ki 1 1¢p 11, dé thi hoc hoc ki 2
I&p 11 cac Sinh hoc I&p 11 mén Toan, Van, Anh, Héa, Ly, Dia, Sinh ma chang t6i da swu tdm va chon loc. Vé&i dé thi hoc kilop
11 nay gip cac ban rén luyén thém k¥ ning giai dé va lam bai tét hon. Chic cac ban on thi tét


https://vndoc.com/1000-de-thi-hoc-ki-1-lop-11-nam-2020-tai-nhieu-nhat-224401
https://vndoc.com/tu-thong-la-gi-hien-tuong-cam-ung-dien-tu-228065
https://vndoc.com/cong-thuc-toan-11-day-du-225578
https://vndoc.com/de-thi-hoc-ki-1-lop11
https://vndoc.com/de-thi-hoc-ki-2-lop11
https://vndoc.com/sinh-hoc-lop11
https://vndoc.com/toan-lop11
https://vndoc.com/ngu-van-lop11
https://vndoc.com/tieng-anh-lop11
https://vndoc.com/hoa-hoc-lop11
https://vndoc.com/tai-lieu-hoc-tap-lop11
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