Phuong trinh - Bit phwong trinh - Hé phuong trinh chira tham sé Luyén thi THPT Qudc gia 2016

CHUYEN DE:

BAlI TOAN THAM SO TRONG PHUONG TRINH,
BAT PHUONG TRINH VA HE PHUONG TRINH

I- LY THUYET: Mét s6 dang todn va phwong phdp tiwong vng:

Cho ham s6 y = f(z) lién tuc trén tap D.Gia sir trén D ton tai min f(:v); max f(:z:) , néu khéng

xeD xeD

ta can 1ap bang bién thién va dwa ra két luan.

Dang 1:| Phuong trinhf(ac) = m c6 nghiém z € D

\Phurong phap:] ycbt < rgglf(a:) <m< maxf(az)

xeD

Dang 2:| Bat phuong trinh f(z) < m c6 nghiém « € D

\Phirong phap: | ycbt < minf(m) <m

xeD

Dang 3:| Bat phuong trinh f (3:) < m nghiém ding Vz € D

\Phirong phap: ycbt <& m > maxf(m

xeD

~—

Dang 4:| Bat phuong trinhf(x) > m cénghiém z € D

Phwong phap:  ycbt & m < maxf(m)

xeD

Dang 5:| Bat phuong trinh f(z) > m nghiém diing Vz € D

\Phirong phap: | ycbt < minf(m) >m

xeD

Dang 6: Chohams6 y = f(x) don diéu trén tap D

Khi do: f(u)zf(v)@ U=

* THUAT TOAN: Dé gidi cac bai toan tim gia tr; tham 6 m dé phwong trinh (PT), bdt phwong
trinh (BPT) ¢ nghiém ta c6 thé thuc hién theo cdc buoc sau:
| Thuat toan 1: | Poi véi bai toan khong can dit an phu

Buéc 1: Bién d6i dua PT vé dang f(a:) = g(m) (hoajcf(a:) > g(m); hoac f(x) < g(m))
Bwéc 2: Lap bang bién thién cua ham s6 y = f(:r;), c6 tap xdc dinh D, .
Suy ra: min f(a:), max f(:c) (néu co)

Buéc 3: Str dung cac nhan xét va phuong phap da néu & phan trén, dua ra két luan,

| Thuat todn 2: | DPoi véi bai toan dit an phu

Buwéc 1: Pat an phu ¢ = gp(x) Tir diéu kién rang budc caa z suy ra mién gié tri ¢ = cp(x)
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Gia su: v:ceDf:mteX.
Buwéc 1: Luc nay, bién d6i dua PT vé dang f(t) = h(m)
(hoeftcf(t) > h(m); hoac f(t) < h(m))

Luc nay bién luan didu kién c6 nghiém cua PT f(t) — h(m) Voite X.

Cac buoc con lai twong tir thugt toan 1.

* V6i hé phuong trinh ¢6 chira tham so, tu duy, hogc la dua vao diéu kién cd nghiém cua cac
dang h¢ déc thu, hodc dua vé phuong trinh chira 1 an (c6 thé la an phy) va xét diéu kién co
nghiém trén mién gié tri cta an (hogc dn phy) do.

I1- CAC BAI TAP MINH HOA':

Bai tAp 1: Tim céc gia tri cia m dé phuong trinh: \ll; +N9—2x = \/—:132 + 92 + m c6 nghiém.

Bai giai: Diéukién: 0 <z <9
Ptez+9-—04+2\z(9—2)=—2"+9z+m < 9+2z(9—2) =—2" +9z+m (*)
Patt = z(9—1) (0<z<9)

* Tim diéu kién cta ¢ :

Céach 1: Theo BDT Cauchy: t:«/x(9—x)§—x+z_x:§:> Ogtgg
, , —2x+9
CachZ:Tacot/:—:()@x:y
-2 + 9z 2
BBT:
X |- O % 9 +0

|+ 0
AN " ~
Dodé:0<t<y I \k\\\ﬂ/A\O\\\\

* Lic d6 phuong trinh (*) tr§ thanh: 9 +2¢t = t* +m & —* +2t +9 = m (*%)

Xétham s6 f(t) = —t* +2t +9 (O§t§%).Tacé:f/(t):—2t+2:O<:)t:1

Lap bang bién thién:
: 9
¢ - 0 1 %+

(1) 0

§ e
10 N
I\
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Keét luan: Phuong trinh da cho c6 nghiém = € 0;9] khi chi khi PT (%) c6 nghiém ¢ € [0; % ]

ycbt < —AgmglO.

Bai tap 1: Tim m dé phuong trinh sau c6 nghiém /2 +1 — \/3_; =m.

Bai gigi: Diéu kién: z > 0.

Xét ham s f(:(;) =2z’ +1— \/; trén [0;4—00).

5: f/ = L —1—<:>a:x:4x2 3
Taco.f(x)_2(m)3 2\/;_0 Jz (\/j)

3
e — (:172 +1) & 1* = 2° +1 (v0 nghiém)

Suy ra, f/ (m) khong doi dau trén (0;+oo), ma

()= %}/g —% <0= f/() <0, Vz € (0;+00). Dodo f(z) nghich bién trén |0;+o0).

TacoBBT: lim f(z)=0.

r——+00

X 0 _l_w
')

) \
0

Dua vao BBT ta c6 yéu cau bai todn< 0 < m < 1.

Bai tap 2: Tim m dé phuong trinh sau c¢6 nghiém \sz +z+1 —\/xQ —x+1=m.

Bai gidi:

Xét ham sb f(x)zx/x2+x+1—\/x2—x+1 trén R.

Ta co:

f(z)= ol 2ol =06 2+ Vet —wt+1= (20— 1)V +a+1

2\/x2—|—x+1 2\/x2—:1;+1
(22+1)(22—1)>0

2

+2 = (20 1)

2

& {(h i 1><2$ - 1) =0 vO nghiém.

=
(2:p+1)2 56—1 x—i—l +§ z=0
2 2 4
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Suyra, f/ (a:) khong doi dau trén (O;+oo), ma f/ (0) =1>0=f (x) >0, Vo € R.Do d6
f(x) ddng bién trén R .
TacOBBT: lim f(z)=1 lim f(z)=—1.

r——+00 T——00

X —0 +a0
f(x) +
f(x) /’ 1
1

Dua vao BBT ta cd yéu cau bai toan< 0 < m < 1.

Bai tap 3: Tim m dé phuong trinh sau c¢6 nghiém xxj; +Nz+12=m (\/5 —T + \jél — :1:)

Bai gidi: Dicu kien: = € [0;4].

Phu:ongtrinh<:>m:\7\/;+ ‘f/—i_lz <:>m:($\/5+\/x+12)(x/5—x—x/4—x)
S5—zr+N4d—=x

Xét ham sb f(m):(x\/;—i—xlm—i—m)(\/f)—x—\/4—95), xe[();él]

Ta co:

f/(w)[gﬁ+zﬁ (Vo i)+ ol o412 e e

D& thay Vl5 —x > \/4 —x, Vx € (0;4) = f/ (m) >0, Vz € (0;4) . Do d6 f<$> ddng bién trén
[0;4]. Suy ra phuong trinh f(:L‘) = m c6 nghiém trén [0;4]

, T E [0;4]

@f(O)Smgf(él)(:)%/g(«/g—Z)§m§12.

Nhan xét: Ta cd thé giai nhu sau:

Phuong trinh < m = oo +o 412 . Ta c6 ham s g(m) — oz + [z +12 ddng bién va

\/5—:5 —i—\jél—x

nhan gié tri duong trén [0;4), ham s6 h(z) = 5 — 2 + /4 — = nghich bién va nhan gid tri

_ LL’\/;—F\/I—F:[Q
\,/5—x —i—\/4—x

f(a:) = m 0 nghiém trén [0;4]@ f(O) <m< f(4) & 2\/5(\/3—2) <m <12.

duong trén [0;4]. Suy ra f(:r:) dong bién trén [0;4}. Suy ra phuong trinh
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Bai tap 4: Tim m dé phuong trinh sau c6 ding 3 nghiém phan biét: ma/z* +2 = z +m.

Bai gidgi: Vi yz° +2 > 0, Yz € R nén phuong trinh
@m(«/xQ—i—Q—l zxﬁm:#
Jot +2 -1

Xét ham sb f(x)z#,xe]]%.

r’+2 -1

2 —\2* +2 112\/5
9 :O<:> \/—.
Jx2+2(4x2+2—1) T =2

BBT: lim f(z)=1 lim f(z)=—1.

T—+00 T——00

* |- -2 J2 +mo
0

f(x) _ 0 +

do 2z’ +2—-1>0, Vz € R.

Taco: f/ (:c) =

-1

%) \_ﬁ/vﬁ\l

Yé&u cau bai toan < —\/5 <m< \/5

Bai tap 5: Tim m dé phuong trinh sau c6 nghiém z* — 3z + 4 = m(\/_— Nr—1+ 1) :

Bai gidgi: Diéu kién: = > 1.

3_
Phuong trinh < m = T -3zt doxﬁ—x/x—1+1>0,V:z:21.

\ll——\/x—1+1
r—3x+4

-
(\/_—\/::“)(3“’2_3)—<x3_3x+4)[2\1/5_2 :—1]

Taco: f/ (:z:) = :

(\/;—\/le—l—l)Q

Voi z>1thi Ve -z —141>0,3:2-3>0, 2" —30+4>0 (xét bién thién) va

Xét ham sb f(a:) x € [1;+oo>.

2\1/; - ,_;_1 <0.Suyra f/(z)>0, Vz>1.Dodé f(z) déng bién trén [1;+o0).
BBT: lim f(z) = +oo.
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X 1 4o
& +

+m
f(x)  ’
1

Yéu cau bai toan< m > 1.

Bai tap 6: Tim m dé bat phuong trinh sau c6 nghiém \/4 —x 4+ «j:): +5>m.

Bai gidi: Dicu kign: z € [—5;4).

Xéthamsb f(z) =4 -z +z +5, v €[-54].

, —1 1 \/4—1’—\/33—0—5
Taco: f/(z)= + = =0.
/() Wi—z Nz+5 2Wa—zzr+5
B :UE(—5;4) 1
@\f4—x—\/x+5<:> 4_$:m+5:>x_ 3"
BBT:
1
X -5 2 4
f(x) &‘ + 0 _ ‘\\

o N\

Y8u cau bai toan < m < 32 .

Bai tap 7: Tim m dé bat phuong trinh sau c6 nghiém mz —\z —3 < m+1.

Bai gigi: Diéu kién: z > 3.
Bat phuong trinh < m < ijl d

T
_x/a:—B—l—l
B r—1

0x—1>0, Vo > 3.
Xétham s f(z) L T €[3+00).

Taco: f/(z) = —0eJr-3=5-z< , =z =4,

BBT: lim f(z)=0.

T—+00
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X |3 400

f(z) +

1(x)
1 /
2

N 2
Yéu cau bai toanﬁmgg.

W N oo | A
|

\0

Pé 13: (Dw bi- 2004) Chuang minh rang véi moi m > 0 thi phuong trinh sau luén c6 nghiém:

0 x/$2+4+2—m3:0

1:2+[m2——
3

Bai gidgi: TXD: D = R.
Piat 2’ +4 =t >2.

Phuong trinh di cho twong duong véi: t* — 4 + [m2 — g t+2—-m*=0 (1)

Xét ham sb f(t):t2—4+ m2—§ t+2—m’, taco f(t) lién tuc trén [2;—|—oo> va

lim f(t) = +o00. Ta s& chung minh f(2) <0, Vm > 0. That vay: f(g) — P om? _g'
l—+00
4 m =0
Xétham s6 g(m) = —m® +2m’ —5»m=0.Tacs: g'(m)=—3m" +4m =0 & ..
m=—
3
BBT:
m | 0 4 <0
3
gi(m) + 0 _
4
27
3

Duva vao BBT, ta suy ra f<2) = g(m) < 0, Ym > 0. Suy ra diéu phai chang minh.

Bai tap 3: Tim m dé phuwong trinh sau c6 nghiém x/a: +3 +\/6 —x— \/<a: + 3) (6— :z:) =m.

Bai gidi: Diéu ki¢n: = € [—3;6].
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Pit t =z +3 6z = ¢ :9+2\/<:E—|—3>(6—x).

1 1 Jo—z—z+3

o0zts 26—z 2Wo—ari3

B :UG(—S;G) 3
@\/6m\/x+3<:){6xm+3:>x§.

Taco: t/ = 0

Suyra: maxt =1
=336

g] — 35, mint = t(—3)=1t(6) =3 hay Va € |-3;6] =t € [3;3«/5}.

2
t 9:m<:>t2—2t:9—2m.

Luc d6 phuong trinh tro thanh: ¢ —

Xeétham s f(t) = ¢ —2t, te[3;3\/§]. Ta co: f/<t):2t—2:0<:>t:1§z(3;3\/§).
BBT:

t 3

3,2
r [\ . N\

0 IN 18-6./2

Dua vao bang bién thién, yéu cau bai toan < f<3) <9-—2m< f(3«5) &

<m<3.

632 — 9
2

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém:
2\j—:1:2 —2x+3 —(m—1)<\/x+3 —1—\/1—:1:)+m+1: 0.

Bai gidi: Dicu kign: = € [—3;1|.

Pitt =z +3+1—2 = ¢ :4+2\/<x+3)(1—x).

1 1 Ni—z—Jz+3

etz Wi—z 2i—zlz+3

e
@x/lx\/x+3(:>{1xx+3:>x1.

Taco: t/ = 0

Suy ra: pax = t(-1) =242, in £ = {(-3)=t(1)=2 hay Vo e [-31] > t € [2;2\/5].
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Hoic: Do 2 :4—}-2\/(:164—3)(1—1:) >4 ¢>2

vat=vr+3+1-z <2 [z +3)+(1-2) :2«/5:>te[2;2«/5}.

' +t—3

Lac d6 phuong trinh tré thanh: t2—<m—1)t—|—m—3:O<:>m: 1

dot—1>0, Vte[Q;zx/ﬂ.

Xéthamsd f(t) = C+t-3 te{Z;%/ﬂ.Tacé: ()=

o ﬂ>0 Vte(22«/_)

)

BBT:
t | 2
r |\ ; \\
f(t) \\‘ / 12f+13
: A
12f 2+13

Duwa vao bang bién thién, yéu cau bai toan< 3 < m

Bai tap 3: (CP 2011) Tim m dé phuong trinh sau c6 nghlem.
6+2+2,[(4-2)(20-2) = m+4(\/4—:1c +\/2x—2).

Bai gidi: Diu ki¢n: = € [1;4).

Pt t = 4 —z +22—2 = 2 :2—|—x—|—2\/<4—x)<2x—2).

Tace ¢/ = —L 1 :2\/4_33_@5”_2:o@2\/4—x:\/2x—2
Wad—z  22—2 J4 — 222 —2
m€<1;4)
= =r=3J3.

4(4—3:) =2r—2
Suy fec it = t(3)=3, mint = t(1) =3 hay Va €[1:4] = t € [6;3}.

Luc d6 phuong trinh trg thanh: ¢* — 4t +4 = m.
Xét ham sb f(t):t2 — 4t + 4, tE[\/g;?)}. Ta co: f/(t):2t—4:0<:>t:2€(2;2«/§).
BBT:
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t 2

7 3

(1) &‘ _ 0 " ‘&
fO |74/ \
e N

Duya vao bang bién thién, yéu cau bai toan< 0 < m < 1.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém:

x2+7—}—m\jl:1:2—}—a:—}—1 :\/J:4+x2+1+m(x/x2—x+l—2).

Bai gidgi: Diéu kién: z € R.

Phuong trinh < :r:Q—\/<:1;2—|—a:—|—1)(x2—x+1)+m(\/x2+x+1—\/:132—:13+1+2)+7:0

20 +1 B 20 —1
2\/$2+£L'—|—1 2\j332—x+1

Taco: ¢/ :O¢>(2x+1>\/fc2—x+1 :(Zx—l)x/x2+x+1

Pt t =22tz +1—\i? -z 1=t =

(22 +1)(22-1) > 0
= 9 2
<2x—|—1) (:cz—x+1):(2a:—1) (x2—|—x—|—1)
<2x—l—1)2<23:—1>220 2 2 1(2x+1>(2x1)>0 A )
& 1 1 3 1 1 RYR=2 vO nghiém.
z+—||lz—=| +=|=|z—=]| ||[z+=| +— z=0
2 [ 2] 4 [ 2 2] 4

Suy\ra t' (z) khong ddi ddu trén R, ma ' (0) =1> 0 suyra t/ (z) >0, Va € R vy t(z) ddng
bién trén R .
Taco lim t(x) =1 lim t(a:) =—1.Vay t e (—1;1).

r——+00 T——00

Lic dé: {2 = 22% +2 — 2\/(51;2 +a+1)(a* — 2 +1) nén phuong trinh tro thanh:

t*+12
t+2

2 —2

+m<t+2)+7:0<:>—2m:

dot+2>0, Vte (—1;1).

12
t+2

t2+4t—12_0© t=2

Xétham sb f(t) = o N

L te(-L1). Taco: f/(t)=
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BBT:
t -1

wN - A

0 \

3

. Ny . NS 1 1 1
Duavaobéngblénthlen,yeucéubaltoan<:>§3<—2m<13<:>—?3<m<——3.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém o —2 —241/x2 — 2z + m«/:; =0.

Bai gidgi: Diéu kién: z > 2.

Phuong trinh < \/x—Q —2%{/‘%_2 +m =20 (do z > 2)
T x

Pt t = ,4/"’”_2 , khi d6 0§t:4\/‘”_2 :i/l_g <1, Vo >1 (hodc khao sat u(z) = r=2,
T T X i

Phuong trinh tro thanh: ¢* —2t +m=0< —m =t —2t, t € [O;l).

Xéthamsd f(t) =1 —2t, te[01) = f/(t) =2t -2 =0t =1¢[0;1).
BBT:
t 0

W - N

ON TN

Dua vao bang bién thién, yéu cau bai toan< —1 < —m <0< 0<m < 1.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém:

m(\/x—Q +2%/x2—4)—\/a;+2 =Naz* —4.

Bai gigi: Diéu kién: z > 2.
+ Tathdy z = 2 khéng phai la nghiém cta phuong trinh.

2 —44/”“”“; — 2 (do z >2)
x_

€r —
4

T+ 2

+ Xét x > 2, phuong trinh << m +
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2 . 2 4 , 2
I—).ﬁtt:ﬁlxJr ,khld(’)jjJr =1+ >1,V:E>2:>t>1(hOéCkhéOS&tu(m):$+ )
r—2 r—2 T — T —2
2
Phuong trinh tré thanh: m 1+2 —t:2(:>m:t +2t, tE(l;—l—oo).
t 2t +1
s A '+ 2t 21* 4 2t + 2
Xétham s f (t) = + ,t€(1;+oo):>f/(t):+—t>0, Wt € (L;400).
2t +1 (2t +1)
BBT: lim f(t) = +oc.
t—-+o00
£'(t) +

o
0]  '
1

Duwa vao bang bién thién, yéu cau bai todn<= —1 < —m <0< 0<m<1.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém 5z° 4+ 62 + 7 = m(:z: + 1) N7t +2.

Bai gidi: Diéu kién: z € R.

Péy ring 5z + 6z +7 = 3(x +1) +2(2* +2).

2
Phuong trinh < 2 (»\/xQ + 2) + 3(:1: + 1)2 = m(x + 1) V' +2 (%)
Do x = —1 khéng la nghiém cua phuong trinh (*), nén (*) twong duong:
Nz© +2 r+1
&2 + 3. =m
z+1 Va? +2

Tl hidot = —2"% e z—2.

Nz’ +2 ( :1:2+2)3

BBT: lim t(z)=1; lim

T—+00 T——00

Dit t =

t'x) +

t(x)

-1
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Viyz e R =1t € —1;?.
Phuong trinh tré thanh: %4—31& =m,t¢€ —1;@ :

J6
NI o

Xét ham sé f(t):%+3t te

t2
t = ———
3
BBT: lirg}f<>——oo mg}f() +00.
¥ 5 s
t 1 3 0 3 2
f'(t) - 0 +
N _Z\f H \ /\F
5

Duwa vao bang bién thién, yéu cau bai toan < m & (—oo;—2x/g} U [Qx/g;+oo).

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém:

(N4 4 1) | -

Bai gigi: Diéu kién: z > 1.

(JZ+JE)I—JE)[mJ§+J1_+W]

Phuong trinh < r—1 =1
W]

@mﬁ+ﬁ+mzf—ﬁ

S Ar—1 —0—\#—0—44/:1: r—1 \/% x_l—l—m

Détt:4$;1,khido’te<0;1).
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X 1 1
Phuong trinh tré thanh: t—2+t:1—m<:>m:—t—2—t+1, tE(O;l).

Xét ham sb f(t):—tlg—tﬂ, te(o;l):»f/(t):t%—bo, Vte(();l).

BBT: lim f(t) = +oc.

t—0"

t 0 1

£ M +
1
w | |
—ah
Duwa vao bang bién thién, yéu cau bai toan < m < —1.

2
(“”*2_\/”32“) 18422 +1

+ =m

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém

v +1 T+2+7" +1
Bai gidi: Diéu kién: z € R.
2
2 1
Phuong trinh < s —1 +—8:m(*)
2
Vo' +1
2 ) 1-2 1
Patt= 212 khidot/ = — 2 —0e =

2 +1 (,x2+1)3 2

BBT: lim t(x) =1; lim t(:v) =-—1.

T——+00 T——00

1
* | o 2 +@®
t'(x) + 0 _
5
1) / T
1

VéyxERitE(—l;\/g}.

Phuong trinh tré thanh: (t — 1)2 -+ % =m, t € (—1; \/g}
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:>f/(t>=2(t—1)—(t+1>2 =0et=2.

Xét ham sd f(t) = (t—1)2 +%, te (—1;\E

BBT: lim f(t)=+oc.

t——1"

t -1 0 \/g
o N - N\

f(v) \\H \ 7 / ‘ i\\

Duwa vao bang bién thién, yéu cau bai toan< m > 7.

Bai tap 3: Tim m dé phuong trinh sau cé nghiém: tan® z 4 cot’ = + m (tan:z; + cot :z:) +3=0.

Bai gidi: Diéu kién: = = kg

Détt:tanx+cotx:>‘t‘: tanz + :‘tana:‘—l— > 2
tanx tanx
suy ra: t* =24 tan’ z +cot’ z.
. s ) t*+1
Phuong trinh tré thanh: ¢ +mt+1:0(:>—m:T, t‘ZQ.

41 t:;1>0,\vl‘t‘22.

Xéthémséf(t): —

f>2= f/(t)=

BBT: lim f(t)=+oc; lim f(t)=—oc.

t—+00 t——0o0

t |- 2 2 +00

f'(t) +

+

e

+o0
)

AN

—®0_—7 2

DO | Ot

N N - X - A X N / 5 -
Dua vao bang bien thién, yéu cau bai toan < m < 5 hoac m >

Bai tap 3: Tim m dé phuong trinh 3/tanz + 1 (sin:z: ~+ 2 cos x) = m(sinx + 3 cos a:) (1) co
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nghiém duy nhat x €

O;z].
2

Bai gidgi: Xétz €

O;g], khi d6 sinz >0, cosx >0, tanz > 0 va sinx 4+ 3cosz > 0.

2 2
PT(1) & 3ytang +1- O0EH2CS0) _ g e et 2 _ )
(sinz + 3cos ) tanx + 3

t+2

batt = tanx (t>0Vaz€ O;%)) Luc do, PT (2) tr6 thanh: 3 t—l—lﬂ—m 3)

Xét ham s6 f(t) = 34 + 1 2 (t>0). Taco: f/(t) = 5 1th2+3“t+1>o,w>0
t+3 ot +1 t+3  (t+3)

Lap bang bién thién: lim f(¢) = +oo.

t—+00

t —c0 0 40

ey | |

| +
- &\\\L /+m

Ta ¢6, tng v6i mdi ¢ > 0 thoa man PT (3), ta dugc diing mot nghiém z € (0; %) Do d6, PT (1)

c6 nghiém duy nhat z € (O; %) khi va chi khi PT (3) c6 nghiém duy nhét ¢ > 0. Dua vao BBT,

suy ra ycbt la m > 2.

Bai tap 3: Tim m dé phuong trinh sau c6 dung hai nghiém phan biét:
2’ +21° — 3z —ma’ —32° +22+1=0 (1)

Bai gidi:
+ R0 rang = = 0 khéng la nghiém cua phuong trinh (1).

1 1 1
+V6i = = 0, phuong trinh (1) < | 2° —i— +2|2° + ] 3[:1;+—]—m:0(2)
7’ x
1 1 1
Pitt =z += = =|z+—|=|o|+ |5 >2=>|f>2
T T T

Phuong trinh (2) tré thanh: t<t2 —3>—|—2(t2 —2)—3t—m:0<:>t3—|—2t2—6t—4—m:0 (3)
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1 L o . s <
Tu phép dat t = z + —, taco véi moi ¢ = +2 chota 1 gia tri cia = ; voi moi ¢ thoa mén ‘t‘ > 2
T

chota2giatri z. Do do, (1) c6 ding hai nghiém phan bié¢t<- (3) chi c6 cac nghiém ¢ =2 va
t, = —2, hogc (3) ¢6 ding 1 nghi¢m ¢ thoa mén [¢| > 2. Ta xét hai trwong hop:

8—m =20 .
TH 1: (3) c6 ding hai nghiém ¢ =2 va t, = -2 & 0 khong ton tai m.
m =
TH 2: (3) c6 ding mot nghiém ¢ va thoa man ‘t‘ > 2.
Taco ()< m=1t"+2t* — 6t — 4.
,_ 24422
Xéthamsd f(t)=¢* +22 —6t—4, [t|>2= f/(t) =3 +4—-6=0< 3
4 52211 L E
3
BBT: lim f(t)=+oc; lim f(t)=—oc.
t—+00 t——0o0
922
t |- 3 -2 2 +a0
f'(t) + 0 - ‘

i

—2—+22
252 s 0sine

Dua vao bang bién thién, yéu cau bai toan <

m<f2) m <0

Bai tap 3; (PH A - 2002) Tim m dé phuong trinh sau c6 nghiém thuéc [1; 3V } :

log, © +[log; z +1—2m—1=0.
Bai gigi: Diéu kién: z > 0.

pitt = floga+1 = Vo e 137 = 0 <log, o <3 & 0 <logl v <3
el1<logio+l<4=te|12].
Phuong trinh tro thanh: ¢* +t —2=2m & 2m =" +t—-2, t € [1;2].

Xéthamsd f(t) =1+t -2, t€[12|= f/(t) =2t +1>0, Vt €[1;2].
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BBT:

t | o 1 2 +
o
() ==

=
f INNN
ENNIEEEA N

Duya vao bang bién thién, yéu cau bai toan < 0 <2m <4 < 0 <m < 2.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém thugc [0;1

A 44 = (1) (2 -2 )+ 2m,

Bai gidi: Diéu kién: z € R.
Phuong trinh dé cho > 4(4" +47) = 4(m + 1) (2I —27)+2m

0
Pat ¢ — 2" — 277 :I:E[O;l]it/ (x):(2m+2—m)1n2>0, V$€[0;1}=> maxt(m):t(l)zg

o

:>V:1:€[O;1]:t€ 0;§}
2
Phuong trinh tré thanh: 2(152 —l—2> :2(m—|—1>t+m @%: t22;i+12, € O;g :
Xét ham s f(t): t;;itz, te O;S .
i
) =
f/ ¢ :wzo 2
I R S
BBT:
—1++11 3
t | o I 2
') \\\‘ - 0 + ‘x\\
1) \\‘2 \ / 161
N 2411 ‘&
2
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Duya vao bang bién thién, yeu chu bai todn & —=— = < 7 <2 & 24 Ji1 <m < 4.

Bai tap 3: Cho phuong trinh: \/mg; z+1log, 2* —3 = m(log,x —3) (1)

2

Tim cdc gid tri ciia m dé c6 phuong trinh nghiém x € [32; +oo>.

Bai gidgi: Tir diéu kién bai ra, ta thay log z > 5, suy ra <log21: — 3) >2nén m > 0.

PT (1) & \/logz:zz—2log2:1:—3 = m(logQ:U—?))
= 1og§ r—2log,x—3 = m’ (log2 :L'—B)Q 2)

Patt =log,z (t>5). PT(2) rd thanh: * —2t—3 = m’ (t—3)2 o m = % (3)
s () tFL 3 4
Xét ham sof(t) =3 (t > 5).Taco. f/ (t)——(t_?))2 <0Vt>5H
Lap bang bién thién: w5 oo
(o) [ -
f(t) \\\\3 \
\\ 1

Liic d6, phuong trinh (1) ¢6 nghiém z € [32; —I—oo] khi chi khi PT (3) ¢6 nghiém ¢ € [5; +00)
ycbt < 1< m* < 3.Kéthop m > 0, suy ra: 1§m§\/§.

Bai tap 3: Tim m dé phuong trinh sau c6 nghiém:
(4m —3)z +3 +(3m—4)V1—z +m—1=0 (1)

Bai gidi: Dicu kien: = € [—3;1|.

1)< m(4x/x+3+3\/1—x +1):3«/$+3 +4l—z+1em= 3\/37-'-3 a1z +1

VN N

2 2 , Jz+3 =2sin«
Vi («/x+3) +(\/1—x) — 4 nén ta co thé dat CacloX.
J1—2 =2cosa 2

Khi d6 ta c6 phurong trinh: m — SSRAF8COSATL oy bt b — tan S khido ¢ € 0:1]
8sina +6cosa+1 2
2 2

va sina = 2t2; Osazl tQ,(Z)tréthénh m:w, tE[O,l]

t +1 5t — 16t — 7
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i A o T —12t—9 . S B2t + 8t 460 _
Xét ham sé f(t)——5t2 o telo]=f/(t) = (5152 —161&—7)2 <0, vt €|0;1].
Do d6, f(t) nghich bién trén |0;1].

BBT:
t 0 1
. \
ro N\ - A\
f() \3 \ A\
\ ;

Duwa vao bang bién thién, yéu cau bai toan < g <m< g

3z +3+41-a+1
Wr+3+3dl—z+1

Nhan xét: Hoan toan ta cd thé khdo sat truc tiép ham sé g(x) trén

[—3; 1] dé tim diéu kién c6 nghiém ciia phwong trinh.

Bai tap 3: Tim m dé phuong trinh sau c6 hai nghiém phan biét:
A A
m2ﬁ+(2m—1)(3—\/§) +(3+J§)

=0 (1)
Bai gigi: Diéu kién: z € R.
2 ¥
(1)<:>2m—|—(2m—1)3_\/g +3+J3 =0.
2 2
;\i/z=2
Dit t = 3+2J5 =t>1 VzeR.
e e 1 2 —1
Khi d6 phuong trinh tré thanh: 2m+<2m—1);+t:0<:>—2m: T2 t>1.
Véit>1:t= 3+2 0 @x:i/log2+£t.Dodévc’yit:1tacéduynhétx:0,v(yi
2

t>1thitacé2giatri z.
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-1

2
Xéthamsd f(t)=——, t>1 f/lt:M 0, vVt >1.
et nam so () P12 = () (t+2> >
BBT:
1 +w
£(t) +

+0
() /
0

Dua vao bang bién thién, yéu cau bai todn <> —2m > 0 < m < 0.

XroaA N A A 3 A J s H 5 ~ 1
Bai tap 3: Tim m dé bat phuong trinh sau nghi¢m dung véi moi x thoa man ‘x‘ > 2

9" —2(m—1)6" " +(m+1)4> " >0.

Bai gidgi: Diéu kién: z € R.
21—z

_2<m—1>[g] “ +m—+1>0

24°—x

Chia 2 vé cua bat phuong trinh cho 427 ta duogc: [%

2z —x
Datt:[%] .Tac():‘x‘Z%:>2x2—x20:>t21.

Bat phuong trinh tré thanh: t2—2(m—1)t—|—m+1§0<:>m§t2+—2_t“, te[l;—i—oo).
Xét ham s f(t):tQ;tQ—_t;rl, t6[1;+oo):>f/(t>—27&(2%—2751)24—0@15—26[1;—%00).
BBT: lim f(t) = +oo.
t—+00
t 1 2 +a0

ro N - o v
(3] \\\ \ 3 /

Dua vao bang bién thién, yéu cau bai toan < m < 3.

Bai tap 3: (Cao Ping - 2013) Tim m dé bat phuong trinh sau c6 nghiém:

(x—?—m)\/a:Tlgm—él.
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Bai gidgi: Diéu kién: z > 1.
bitt=Vzr—1=Vz>1=1t>0

Bét phuong trinh tré thanh: <t2—1—m>t gm—4<:>mzt3t_#, t>0..
Xét ham sd f(t):t?’t—i‘l, tzojf/@: (t—1)<2t2 +25t+5) =0<:>t:16[0;+oo).
+1 (t+1)
BBT:
t | o 1 +®
f'(t) ( — 0 +

q |4 /+m
T,

Duwa vao bang bién thién, yéu cau bai toan < m > 2.

Bai tap 3: Tim m dé bat phuong trinh sau nghiém dang véi moi z € [—1; 1]

mNl—xz + 1241 — 2> > 16z +3m\1+z +2m +15.

Bai gidi: Diéu kién: z €[-11].

Bétphuongtrinh@m(x/l—x—B 1+x) > 162 — 1241 — 2 +2m +15.

@2[9(1+:}3)—6\/(1—x)<1+x>+<1—x> +m(3\/1+:1c—\/1—x+2)—5§0

Pit t =3J1+a -2 =t/ (z)= 2\/13 +2J11
+x —Z

suy ra min t(x) = t(—l) = —\E; max t(x) = t(l) = BxE = Vx e [—1;1] =te [—\/5;3«/5}

a:e[fl;l] 3:6[71;1]

>0, Vz € (—1;1)

2
Bét phuong trinh tré thanh: 2” +m(t +2)—5 < 0 < m < ?:;5’ te [—\5;3\5}.

Xét ham sb f(t) = _ii;5, te [—\/5;3\/5] = f/ (t) = 222 _§§2_5 <0, Vte [—\/5;3\/5}.
t+

BBT:
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t

2 3.2
(1) \\\‘ _ ‘&

10 | 1z \\
\\\\‘ \ 3;';1

+2

e . \ . _31
Dua vao bang bien thién, yéu cau bai toan< m < min _f(t) = f(S\/g) = :
ERNA ) 32 +2

Bai tAp 3: Tim m dé bat phuong trinh: m(x/mQ —2x 42+ 1) +z2—2)<0(1)co

nghiém z € [0;1 + \/g]

i 1
Bai gidgi: Pat t = \2° — 22 +2 ($6[0;1+\/3D.Tacé t = \/Zx—:O(:)le.
T —2x 42

fo ooy — 0+ E
2

\\[ ===
A\
Turdo: 1<t <2.

V6il<t<2 tabiénddi:t =1’ —22+2 &t =2"-22+2 < —22—1z)=t" - 2.

Ta c6 bang bién thién:

2

BPT (1) tr& thanh:  m(t+1) < —2 < m < tt ;1 )
2 2
Xét ham s6 f(£) = © 2 (1<t <2). Taco: f/(t) = w >0, Vte[1;2].
t+1 (t+1)
Suy ra ham s6 f(¢) dong bién trén [1; 2].
Xét bang bién thién:
t |- 1 2 +c0

(1) &

§\’ + ==
o RN 200
*NN_—"A\
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Luc do6, BPT (1) ¢6 nghiém x € [0;1 + \/g} khi chi khi BPT (2) ¢6 nghiém ¢ € [1;2].
bicu nay xay ra khi m < max = f(2) = %

tef12]

Nhan xét: Néu dé bai yéu cau tim m dé bat phuong trinh da cho nghiém dung Vz € {0; 1++/3 ]

thi yéu ciu bai todn< m < £(1) = —%.

x—2y—\M:0

Bai tap 1: Tim m dé hé phuong trinh sau c6 nghiém:

\/$—1—\j2y—1:m.
Bai gidi: Didu kien z > 1: y z%.
Ve fy)(Ve—2fy) =0 [Nr=2Jy T =4y (1)
H¢ < & &
\/x—l—\f2y—1:m \/x—l—\ile—lzm \/4y—1—\j2y—1:m(2)

(o Nz +Jy >0, Vo >1; yZ%)

. . x. 1 . ~ , A N
Tur (1) ta thay vai moi y > 2 sé cho ta mot = > 1. Vi vay hé da cho c6 nghiém < phuong trinh

(2) 6 nghiém yZ%.
Xét ham s f(y):\f4y—1—\j2y—1, y € %;—i—oo].
Ta co: f/(y):\/4;_1—\/2y1_1 :0<:>y—%e ,—i—oo].
BBT: ligiof<y):+oo.
1 3
y 2 4 +@
f'(y) \\H - 0 +
) | o
\ _—
\\‘\ 1
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N ” e “a A X \ - , ]_
Dua vao bang bien thién, yéu cau bai toan< m > —.

N

20—y+m=0 (1)

Bai tap 1: Tim m dé hé phuong trinh sau c6 nghiém: :
y+AJzy =2 2)

Bai gidi: Diéu kién zy > 0.

y<2
Phuong trinh (2) & \/@ =2—y & y> — 4y + 4 (do y = 0 khdng thoa man phuong trinh)
p=J —FIT
Y
2
Thay vao phuong trinh (1) ta duoc: w—y#—m =0&m= 4y—47 y <2.
Y
Xét ham sb f(y) = 4y—4, y € (—00;2].
Tace: f/(y) == >0, ¥y € (~oc:2] ' {0}.
Y
BBT: lim f(y) =4; lim f(y) = —o0; lim f(y) = +00.
Y——0© y—0" y—0"
Y | _a 0 2
f'(y) + + ‘\\\\
+oo \
fy) |, 7 ‘\\
/ 2
—0

Dua vao bang bién thién, yéu cau bai toan < m > 4 hoic m < 2.

3($+1>2+y—m:0(1).

Bai tap 1: Tim m dé hé phuong trinh sau c6 3 nghiém phan biét:
r+ a/a:y =1 (2)

Bai gidi: Diéu kién zy > 0.
<1
Phuong trinh (2) < \/Ty =l-z& 2% — 9z +1 (do z = 0 khong thoa man phuong trinh)
Y= .
-2z +1
— =

Thay vao phuong trinh (1) ta dugc: 3z” + 6z + m—3.
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2
Xét ham s f<$>:3$2+6$+w, :1:6(—00;1].
x
3 2
Ta co: f/(:/:):6x —|—72x _1:0<:>a::—1\/:1::—1\/3::l.
T 2 3
BBT: lim f(m):—I—oo; lim f(a:):—I—oo; limf(:z:)z—oo.
T——00 z—0" z—0"
-1 1
¥ o -1 2 0 3 1
fx)| - 0 + 0 - ‘ - 0 + ’x\\
; +0 -27 a0 9
) \ 74 \ / \
7 \ n ‘\\
—® 3
, ‘ 1—§m—3§9 @<m<12
Dua vao bang bién thién, yéu cau bai todn < | 3 o7 3 5

\fx—kl—\jy—i’) =a (1)

Bai tap 1: Tim a dé hé phuong trinh sau c6 nghiém:
x+y=2(a+1) )

Bai gigi: Diéu kien =z > —1; y > 3..

Dait u =+z+12>0; v=—Jy—3 <0.
Khi d6 hé tro thanh Grr=a e la nghiém cua ph
1 do he tro thann. = 2 ysuy ra u, v la ngnhiem Cua uon

2
-2
a @ _

trinh: f(t)=¢* —at +

Hé da cho c6 nghiém < f(t) = 0 c6 nghiém ¢, ¢, thoa man:

2
a” —2a

L<0<t, & 1f(0)<0s <0 ac|02].

r+liyrl=s
Bai tap 1: Tim m dé hé phuong trinh c6 nghiém: & y
7’ —1—%—1—3/3 —|—% = 15m —10
T y
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3
Bai gidi: bat u:x+l; v:y+ltacé xs—l—%:[x—i—lJ —Sx-l[x—l—lJ:u—3u
x Y x x x x
>2 2.

va |ul = = |z| +

r+1
z

1
T

Y=2; bl=bl+ =2l [Y =2
z Yy Y

u+v=> V@H—’U:S

Khi do hé tro thanh ¢ , &
u” +v —3(u—|—v):15m—10 uv =8 —m

& u,v 12 nghiém ctia phuong trinh bac hai f(¢) = > =5t +8 = m

Hé c6 nghiém < f(t) = m €0 2 nghi¢m ¢, ¢, théa mén tl‘ > 2 ‘tQ‘ > 2.

Lap bang bién thién cia ham sé £ (¢) vei \ t‘ > 9

t | —co ~2 2 5/2 + 00

7(t) - - 0+
+o\ +00

F(t) 2 / — /

Nhin bang bién thién ta c6 hé c6 nghiém < <2V m>22

= =3
IN

Vo= 0
:L’\j;—l—y\/gzl—ZSm

Bai tap 1: Tim m dé hé phuong trinh c6 nghiém:

——t— 3

Bai gidgi: Diéukién: x >0, y > 0.
sz\tu:xﬁ, ’U:\E (uZO, UZO)
+v=1 [u—kv-l [u—kfu—l

u
Hé (D) tro thanh: | . ‘ & &
> () [u3+v3—13m (u+v)(u —uww+0v*)=1-3m  |(v’—w+1v°)=1-3m

utv=1 utv=1 u+ov=1
& ) o o (IT)
(u+v) —3uv=1-—3m 1—3uv=1-3m uy =m
Liic d6: u, v 1a nghiém clia phuong trinh: X* — X +m =0 (¥)

Hé da cho c6 nghiém (z;y) < Hé (IT) c6 nghiém v > 0, v >0
< Phuong trinh (*) c6 hai nghiém X > 0.

A>0
CaCach 1: Sirdung Heé thiic Viet: ycbt < 1S >0 < ... 0<m < %
P>0

Céch 2: Phuong trinh (*) & X — X =m
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Xétham s6 f(X) = X — X* (X >0).Ta cé:f/(X):l—QX:0<:>X:%.

Ta xét bang bién thién: X o 0 +ao

f/@)§ +
o0 &\ /4\%

Dua vao bang bién thién: ycbt < 0 <m < %

SN

1
<x+y)1+—]:4
Bai tap 1: Tim m dé hé phuong trinh sau c6 nghiém: v .
(2 +9°)|14+ =~ | =10m +6
'y
Bai gidgi: Diéu kién zy = 0.
1 1
rt+y+—+—=4 1 1
Hé da cho < v 1?/ . (1).Pita=z+—; b=y+-=l|d>2 p|>2
24y +—+—=10m+6 o Y
Ty
. a,+b:4 a+b:4 a+b:4
Hé (1) tro thanh: § ) & > &
> —2+b"—2=10m+6 (a+b) —2ab=10m+10 |ab=3—5m

Suyra a, b la nghiém cta phuong trinh: #* — 4t +3 —5m = 0 < 5m = t* — 4t + 3, ‘t‘ >2 (2)
Hé cb nghiém < Phuong trinh (2) ¢ hai nghiém thoa mén ‘t‘ > 2.

Xét ham s f(t) =’ — 4t +3,

t‘gQ.Tacc’): flt)=2t-4=0et=2.

BBT: lim f(t) = +oo; lim f(t)=+oc.

t——0o0

t —aD -2 2 +0

|~ 15]\\\\\ \ /

Dua vao bang bién thién, yéu cau bai toan< 3m > 15 < m > 5.
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. . 3(2* +9°) —2my —2(x+y) =15
Bai tAp 1: Tim m dé hé phuong trinh sau c6 nghiém: { 2( Qy ) Y ( y) .
T +y =m

Bai gidi:

bat S =z +y, P = xy,khi d6 hé tré thanh:

35225 —8P —15 =0 352 —25 —8P —15=0 (1) 0
48> —8P = 4m 4SQ+25+15—4m (2)
Hé da cho c6 nghiém < Hé (1) ¢6 nghiem S, P thoa man: S* > 4P.

Tir (1) taco: 35° —28 —15=8P <25” & §* —25-15< 0 < S €[-35].

Do do, h¢ c6 nghiém <> Phuong trinh (2) ¢6 nghiém S € [-3;5).

Xéthamsé f(S)=45> +25 +15, § €|-3;5|. Taco: f/(S)=25-2=0« S =1.

BBT: lim /()= -+oo; Jim £(8)=+oe.

S——o0

S -3 -1

O N - o + RN
f(S) %\ . / ‘§

Duwa vao bang bién thién, yéu cau bai toan < 14 < 4m < 50 < g <m< %

Bai tap 2: Tim m dé hé phuong trinh sau c6 nghiém (:p; y) véi z >0, y > 0:

xy(x+y):3(:(:+y>+my
x2+y2+3xy—(m—5)(a:+y>—xy(x—|—y)—|—m—|—33:O'

Bai gidi:

bat S = x +y, P = xy, khi do hé tré thanh:
SP=35S+P (1) )
S’ +P—(m—5]S—SP+m+33=0 (2)

Hé di cho c6 nghiém < Hé (I) ¢6 nghiém S, P thoaman: S >0, P> 0va S* > 4P.
Tir (1) taco: 35° —28 —15=8P < 25" < §* —25-15< 0 & S €[-35].
+ Ta thay S = 1 khong thoa man (1).
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2 3487 — 0<S<1
+Voi S =1, tir (1) ta co: i_P S:>S 45 12520: N *)
S—1 4 qS_Q S >4
Mat khac: i—P>O:S<O(**)
S—1 S>1

2
S +S2Sl—|—33 c6

Tir (%), (**) suy ra: S € |4;+o0) va h¢ co nghiém < Phuong trinh m =

nghiém S € [4; +oo).

Xét ham sb f( ) SZZQEJFSS Se[4;+oo).
Ta co: ﬂ(S)—%—O@S—?GHﬁm).
BBT: lim £(8) = +oe.
S 4 7 40

£(S) \\‘ - 0 +
f(S)
N

Dua vao bang bién thién, yéu cau bai toan < m > 16.

Bai tap 1: Tim m dé hé phuong trinh sau c6 nghiém (:z;,y) voi x>0, y > 0:

r+y=4zy
oy — Ty =m
Bai gidi:
bat S =z +y, P = xy, khi d6 hé tré thanh:
) S 11ap (1)
S*—9P =m 16P° —9P =m

Theo dinh Ii Viet, ta ¢o z, y Ia hai nghiém thugc (0;1] cita phuong trinh: #* — 4Pt + P =0.

Truéc héttatim P dé phuong trinh ¢* — 4Pt + P = 0 ¢6 hai nghiém thuoc (0;1).

2

~ \ 2 , . - ~ 1
Yéu cau tuong duong tim P dé phuong trinh P = 4; " c6 hai nghiém thuoc (O; 1] (vit= 1

khong la nghiém)
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Xéthamsé f(t) = 4;2_1, t € (0;1]. Taco: f/(t)%o@ :(1)
BBT: lim f(t) = —o0; lim f(t) =+ :
7 : 1 1
t 0 4 2 1
ro N - - o0 ]1\\\

ft) \\\’\ \1/3‘®

—a)

2

¢6 hai nghiém thuoc (0;1} khi va chi

Dua vao bang bién thién, suy ra phuong trinh P = n t

khi S<p<i,
4 3
+ Hé phuong trinh (I) c6 nghiém < Phuong trinh 16P> —9P = m ¢6 nghiém P € l,l :
7 \ A 2 1 1 z. / 9
Xéthamsé g(P)=16P* —9P, P €|=;=|. Tact: ¢ (P)=32P-9=0 P =—.
43 32
BBT:
1 9 1
Pl g 32 3
N - o+ RN

-11

o) | 2 " o
Nt

Duya vao bang bién thién, suy ra hé phuong trinh da cho c6 nghiém thoa yéu cau bai toan
S _& <m< —E.
64 9

'+ —br+4y+8=0

Bai tap 3: Tim m dé hé phuong trinh sau c6 nghiém:
32° — maz +16 = 0
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Bai gidgi: Picu kién: z € R, y € R.

Phuong trinh thir nhét ciia hé < 3° + 4y +2° — 52+ 8 = 0.

Xem phuong trinh nay 14 phwong trinh bac hai theo 4n y, khi d6 phuong trinh c6 nghiém
S A>0e el

Tur d6 suy ra, hé da cho c6 nghiém <> Phuong trinh 32° — mx\j; +16 = 0 (1) co nghiém
T €134,
Pt ¢ =z = t € [1;2], phuong trinh (1) tre thanh:

1
3t4—mt3—|—16:0<:>m:3t+t—§, te[1;4].

Xét ham sb f(t):3t+1—36, t6[1;4];»f/(t):3—%:0@t:2€[1;4].
BBT:

t 1 2

o - a\

) 19 \

Dua vao bang bién thién, hé di cho c6 nghiém < 8 < m <19.

Bai tap 3: (HSG Ha Tinh 2013) Tim m dé hé phuong trinh sau c6 nghiém:

xz—m:y(x-i—my)
2 —y=uaxy

Bai gidgi: Dicu kién: z € R, y € R.
my’ —y+m=0 (1)

H¢dachos | |, :
r—yr—y=20 ()

Xem phuong trinh (2) 1 phuong trinh bac hai theo bién z, ¢6
nghigme A =9 +4y>0& gy € (—oo;—4] U[O;+OO).

Do do, h¢ d cho ¢6 nghigm <> Phuong trinh (1) ¢6 nghigm y € (—o0;—4| U[0;+00).

Taco (1)< m = , yG(—oo;—éL]U[O;—l—oo).

¥’ +1
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Xét ham sb f(y) =Y , Y E (—oo;—4] U [O;—O—oo)

y +1
:>f/(y):1_—y::0(:>yzle(—oo;—él]u[();—l—oo).
(v +1)
s6T: Jin S{s) 0 Jim J(s) =
v |- 4 0 1 +00
LI R

o N,

. h L ia . , P 4 1
Dua vao bang bién thién, h¢ da cho c6 nghiém < BT <m< 3

Bai tap 4: (HSG Nghé An 2006) Tim m dé hé phuong trinh sau c6 3 nghiém phan biét:
rT+y=m
<y+1)x2 +xy = m(:r: +1)

Bai gidgi: Dicu kién: z € R, y € R.
=m-—-=x (D)
H¢ da cho < y3 ) :
r—mx +m=0 (2
Vi y = m —z nén hé cd 3 nghiém phén biét < Phuong trinh (2) ¢6 3 nghiém phan biét.
3

; (do z =1; x = —1 khdng thoa man (2))

(2) = 2 :m<m2—l)<:>m: e

3

Xét ham sé f (m) = trén tap xac dinh.

z°—1

xQ(:L’Q—?))
— e r=0ve=VBvr=—
=

BBT: lim f(x) = +0o5; TEIEQf(LIJ) = —0X; lim+ f(:z:) = +o0; lim f(:z:) = —00

T—+00 r——1 z——1"

Taco: f/ (x) =

limf(ac) = +0o%; limf(a:) = —00.

z—1" z—1"
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1
X =0 -Jy3 -1 ¢ 1 2 +a0
(| + 0 - [-0-| -0 +
3.3 a0 +a0 +00
f(x) o N\
A2 0\ \*aﬁ/
a0 “® o -
xf 3\/_
Dua vao bang bién thién, hé di cho c6 nghiém< m > === hoic m < ———

Bai tap 4: Tim m dé hé phuong trinh hi vy A3y —de-2=0 L
ai tap 4: Tim m dé hé phuong trinh sau c6 nghiém:
2’ +1— —3#21/ Yy +m=0Q2)

Bai gidi: Piéu kién: z € [—1;1]; y € [0;2].

3 2
Phuong trinh (1)< (z+1) —3(z +1) =3° —3y° (3)
Vizel-L1]=z+1€0;2].

Xéthamsd f(t) =" —3t°, t €|0;2| = f/ (t) = 3" —6t < 0, V¢ € (0;2)

= f(t) nghich bién trén |0;2|. Phuong trinh (3) ¢6 dang: f(x -+ 1) = f(y) Sy=x+1
Thay vao phuong trinh (2) ta dugc: z° — 2@ +m =0, z € [—1; 1] 4)
Pit u =+1—2> = Vs € [—1; 1] =u € [O; 1], phuong trinh (4) tré thanh: v*> 4+ 2u —1 = m (5)
H¢ da cho c6 nghiém < Phuong trinh (5) c6 nghiém u € [0;1].
Xéthamsé g(u) = v’ +2u—1, u€|0;1] = ¢/ (u) =2u+2> 0, Vu € |0;1].
BBT:
u 0 1

o N\ - N\

o) N\ / 2\\

Dua vao bang bién thién, hé di cho c6 nghiém < —1 <m < 2.
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4 —3x+(y—1)«/2y+1 (1)

Bai tap 5: Tim m dé hé phuong trinh sau c6 nghiém:
20" + 3+ \[—y(2y +1)+m* =0 ()

Bai gidgi: Diéu kién: y €

_1;0],
2
Phuong trinh (1) ¢ (~2¢)’ —3(~2z) = («/Qy n 1)3 32y +13)

Viye

_%;oF«/QyH €|01]. Tk (Qsuyra22’ +r <0z €

—1;0\ = -2z € [0;1}
2

Xéthamsd f(t) =" —3t, t €[0;1] = f/ (t) = 3" =3 <0, V¢ € (0;1)
= f(t) nghich bién trén [0; 1] . Phuong trinh (3) c6 dang:

f(—2$)=f(\/2yﬁ)(:>—2x:\/2yj

Thay vao phuong trinh (2) ta dugc: 22° + z +22° — 82" = —m’, z € |- % ; 0} 4)
H¢ da cho c6 nghiém < Phuong trinh (4) c6 nghiém z € |— % ; 0\ :
2 2 4 1
. |2 +x+N22 —8x >0, Vx e|——;0
Ta thay: 2
—-m* <0

20" + x4+ 22" —8z' =0 x=0

= (4) 54 =

Vay hé da cho ¢6 nghiém< m = 0.

4

Nhan xét: Trong trieong hop VP (4) chwa biét dau thi ta khdo sat f <ZE> =22 + 2+ 22" — 87

A 1 A s A A .
trén —5;0 . Diéu nay, khong hé don gian!

x2(1+y2)+y2(1+x2>:m\/@ (1)

Bai tap 4: Tim m dé hé phuong trinh sau c6 nghiém:
P14y —N1+2* =y—z ()

Bai gidi: Diéu kién: zy > 0.

Phuong trinh 2) < 7 — 1+ 2° = 2y (1 — 1+ ) (3)
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Ta thdy z = 0 khong thoa mén (3). Mit khac, vi 2 — 1+ 2 <0 va 1—+/1+y* <0 nén tir (3)
suy ra y > 0. Két hop diéu kiénsuy ra z > 0.
Khi d6 (3) >~ — + /1+i2 —y—y\1+9° (4)
x T T
Xét ham sb
tQ

J1+¢

= f(t) nghich bién trén <0;~|—oo>. Phuong trinh (4) ¢6 dang: f[i] = f(y) & i =y ay=1

Ft)=t =142, t €(0+00)= f/(t)=1- — 1+ <0, Vt € (0;400)

1 1
—l——2<1—|—x2):m<:>332+—2:m—2
x x

1
1+—
1:2

Thay vao phuong trinh (1) ta dugc: z°

Tacod x2+%22, Vx> 0 suyrahéconghiéms m—2>2 < m>4.
€T

(z+y)ay=2"+y -2y ()

Bai tap 4: Tim m dé hé phuong trinh sau c6 nghiém: { 1 1 ) 2
—=m
3

Bai gidi: Diéu kién: zy = 0.

Sy z+y)(a’ —ay+y’
Tacé:%+%:m2@xj3y :m2<:>< )(33 ):m2
T ) Ty Ty
<x+y2xy ?
Thay (1) vao ta dugC: ~——— =m’ & TEYL (3)
"y Yy

it ¢ =z +y, khi do tir (1) taco: ayt =" —3ay < ay(t +3) =1 va ay =0, t =0,

2
A S G I A A t>1
t+3=0nén xy = t g( >:t—:> t gt—@)t—Z()@ .
t+3 4 4 t+3 4 t+ t< -3
r+y t+3

Mat khéac: , phuong trinh (3) tro thanh: [tT

1Y

Xét ham sb f(t) = % trén (—oo;—B)U[1;+oo).

= 1/(t) = = < 0.9 & (~o0i=3) U[tio0)

BBT:
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t —an -3 1 ‘00

o TN
1 N
0N ]\\\\\~ T~

0<m?<1
—1<m’<4

Dua vao bang bién thién, hé da cho c6 nghiém < e me [—2;2] \{-1,0,1}.

xQ«fy—l—l —2zy—2z=1 (1)

Bai tap 4: Tim a dé hé phuong trinh sau c6 nghiém: ,
r—3rx—3xy=a+2 (2)

Bai gigi: Diéu kién: y > —1.
Pat 2 = \Jy+1 > 0, hé tré thanh: {xzz - 293?2 -
=312 =a+2
Tathay z = 0 khong thoa man hé.
S -2t)=1 ()

Véi z > 0, dat = tz hé trd thanh: 203
p (t —3t):a+2 )

t<0

Do z>0néntr(l)suyra t* —2t >0 < .
‘ (1) suy t>2

2

Tirhé (1), (2)taco: a+2 = tt

23, te (—oo;O)U(Z;—I—oo).

Xétham sb f(t) = t;__;’ t € (—00;0)U(2+00).
_ t* —4t+3

:>f/(7f) :0:>t:3€(—oo;0>u(2;—l—oo>.

2

)

BBT: lim f(z)=+oo; lim f(z) = —oc; lim f(z) = +oc.

t—+00 t—2"
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t —a0 3 +ab

0 +\\\_o+

° NN,

a+2>6 a>4

Dua vao bang bién thién, hé di cho c6 nghiém < 3 & 1.
a —|— 2 < 5 a < —5

Bai tap 4: Tim m dé hé phuong trinh sau c6 nghiém (m; y) thoaman z >1; y > 1:
r+y+4=2xy (1
21 = m(\/:L’2 +r+y +y+5 +x+y) 2)

Bai gidgi: Piéu kién: z; y € R.

Doz >1 y>1,taco: (a:—l)(y—l)20<:>:I:y—<x+y>+120
Tr()=z+y+4—2(z+y)+2>0e2+y<6.

Mat khéc, tir (1): x+y+4:2xy§%(:1:+y>2 :>%<x+y>2—($—|—y)—420
= o+y>4doz>1y>1.Viy x4y € |46].

Détt:x+y:>t€[4;6].

Khi do, (2) tré thanh: 2' = m(x/tz +1+ t) & 2 (\/ﬁ +1-— t) =m, (do v’ +1—1¢>0,
vt € [4:6)).

Xét ham sb f(t):?f( t2+1—t), te[4;6].

In2 —

= f/(t)= (t2+1 t) >0, Vt €[46]

1
JE+1

max f(t) = f(6) = 64(«@—6)

tef4;6]

min f(¢) = f(4) = 16(«/5—4)

t€[4;6]

Hé 6 nghiem < 16(\/5—4)§m§64(\/3_7—6).
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111- MOT SO PE THI PAI HOC - CAO PANG TU 2002 - 2016

oz +y =1
:1:\/’;—1—3/\/;:1—3771

Pé 01: (D- 2004) Tim m dé hé sau c6 nghiém: |

i e A z >0
Bai gidi: bicu kién:
y=>0
u+t+v=1

Pt u =z, v=1ly (u >0, v>0). Hg trer thanh [uuvg g, ®

u+v=1 . . \ 2
& < u, v la hai nghiém cua phuong trinh ¢* — ¢ 4+ m = 0 (¥%*)
uv =m

Hé da cho c6 nghiém (;z;; y

~—

< Hé (*) cd nghiém « > 0, v > 0 < Phuong trinh (**) c6 hai

A=1—-4m >0 .
nghiém khéongam< {S=1>0 @Ogmgz
P=m2>0

Pé 02: (D- 2006) CMR: Ya > 0, hé phuong trinh sau ¢6 duy nhat nghiém:
{ew —e' = 1n(1—|—:1:)—1n(1+y)

Yy—r=a

z>—1

Bai gidi: Diéu kién: [
y>—1
e“”’—e””—i—ln(1+m)—ln<1+a—|—x)20 (1)

H¢é da cho twong duong voi
y=z+a 2)

H¢ da cho c6 nghi¢m duy nhét khi chi khi phuong trinh (1) c6 nghiém duy nhat trén (—1;+o0).
Xéthamsé f(z)=e** —e" +In(l+z)—In(l+a+z) (z>-1).

Do f(:z:) lién tuc trén (—1;+oo) va xlj{l} f(:r;) = —00, rlirficf(@ = 400 nén phuong trinh
f(x) = 0 co nghiém trén (—1;+o0).

Mt khac:

f/(x>:ez+a_ez+ 1 1

1+:1;_1—|—a—i—x_

(1+ x)(1a+ a+ )

e’ (e“ —1) +

>0, Vo > —1.

= f(x) ddng bién trén (—1;+oo). Suy ra f(:z;) = 0 c6 nghiém duy nhat trén (—1;+oo).
Két luan: Vay hé di cho co nghiém duy nhét (d.p.c.m).
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Peé 03: (D - 2007) Tim cac gia tri cua tham s6 m dé hé phuong trinh sau c¢6 nghiém thyc:
1 1
r+—+y+—=>5
Z Y

1 1
a;3—|——3—|—y3+—3:15m—10
x Y

e ke L =0
Bai gidi: bicu kién: {
y =0

Pat u—z+2:v=y+r (‘U‘ZZMZQ).
x y

u+v=> u+v=>5

Hé dachotrgthanh  , & :
u” 4+ v —3(u—|—v):15m—10 u =8 —m

Suy ra u, v la nghiém cua phuong trinh ¢ =5t +8 —m =0< t* =5t +8 =m (1).

H¢ da cho c6 nghiém <> Phuong trinh (1) c6 hai nghiém ¢, ¢, théa man ‘tl‘ > 2, tZ‘ >2.

Xéthamsd f(t)=* —5t+8 (\t\ > 2).
Xét bang bién thién:

t | —oo -2 2 5/2 +00
£(t) _ ////// 0+
+00 +00
{01 I /
2
7/4
Dua vao bang bién thién, ta co gia tri can tim caa m 1a m € 2;2 U[22;+oo).

Pé 04: (PH-D-2011) Tim m dé hé phwong trinh sau c6 nghiém:
27° —<y+2)x2 +zy=m
rHr—y=1-2m

zeR

Bai gidi: biéu kién: {y R
(a:2 —J:)(Qx—y) =m

Hé da cho < (x2_$)+(2x_y):1_2m.f)étu:xQ—xz—i; v =2z —1.
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v=1—-2m—u

uv =m ‘+(2m—1lu+m=0 (1
Hé da cho tré thanh o u ( m )u m (D)
ut+v=1-2m

Hé c6 nghiém khi chi khi phwong trinh (1) ¢6 it nhat 1 nghiém « > —i.

2
4 2u+1
? 2
)= ot e Tacs )= 2R ()= L
e ! <2u + 1) 2
Bang bién thién:
u _& -1 : 3 + oo
IR0 e A
7 23
OGRS / \
TR .

2-43

Suy ra gia tri can tim 1a m < 5

Pé 05: (Khoi A- 2008) Tim m dé phuong trinh sau c6 hai nghiém thuc phan biét:

Yor 42z 4206 —2 1206 —z = m

Bai gidgi: TXD: D = [0;6]

Dt vé tréi cia phuong trinh 13 f (z) = 20 + 2z + 246 — 2 +2J6 — 2 (a; elo; 6])

Ta co: f/(x): L - L L L

2§/(2x)3 u 2§/(6 —z) Jo—z

E 4(2133)3 4(6135)3 [ ) leetoo)
it u(r) = 11 - ofe) = 11

Jeo) oo Vo o-a
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Ta thay u<2> = v<2) =0=f/ (2) = 0. Hon nira u(x), v(a:) cung duong trén (0;2) va cung am
trén khoang (2;6).

Ta c6 bang bién thién:

x |0 2 6

£(x) ||| + 0 — I
3W2+6

BN

Suy ra cac gia tri m can tim Ia: 2\E+2% <m< 3«5-1—6.

Gidi thich cu thé hon: f/ (z) = 11 !

2\ o) iflo—oy "

>0; b= ! ,tacé%(a‘g—b3)+<a2—62):(a—b) \%(a2+ab—|—b2)—|—a+bl

V6 —2z

&—ﬁ] (= € (0;6))

>0

1| 1 1 1 1
+ =+

1 1 1 1
- - . +
% \/46—:1:]2 4/<2x>2 % (‘/6—3: {1/<6—x)2 V22 N6—=z

:»f/(x):[

Do d6 ta chi can xét dau

1 1
% x4/6—:z;.

P& 06: (D bi- 2007) Tim m dé phuong trinh: {z' —13z +m +z —1 = 0 c6 nghiém.

Bai gidi: Phuong trinh (1)< (1/374 —13z4+m=1—=x

r<1 r<1
= 1= 3 2
:154—13x+m:(1—x) 42° —6x" — 9z =1—m

Ycbt < duong thang y = 1 —m cat phan do thi f(:z;) = 42° — 62° — 9z ; (a: < 1) tai it nhat mot
giao diém.

Ta co: f(:z:>:4x3 — 62> — 9z ; (:z: §1>:>f/ (:z:):12x2 —12:1:—923(4:1:2 —4:1:—3)

Ta co: f/(:z:) =02 = —%\/m :;

Bang bién thién:
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-1

f(x) + 0 _ x\
wl i~ N

Tir bing bién thién ta c6, yebt < 1— m < g om> —g.

Pé 07: (Dw bi- 2007) Tim m dé phuong trinh: \ll:c 32z —4 +\z—6Jr—4+5=m cb
dang 2 nghi¢m.

Bai gidi: TXD: D = [4;+00)
Phuongtrinhcho(:)\/<x—4)—2x/a:—4+1+\/<x—4)—6x/x—4 +9=m
@\/(\/x—4—1)2 +\/(\/:c—4—3)2 :m@‘\/x—él—l‘—l— \/113—4—3‘: m (1)

Pit: t =z —4 >0, (L) tro thanh: =1+t =3 =m ()

Phuong trinh cho ¢6 dung 2 nghi¢ém < phuong trinh (2) c6 dang 2 nghiém ¢ > 0.

Cach 1] V& db thi caa ham sé f(t):‘t—l‘ﬂt—?)‘ (tZO) y 4

4
4—-2¢t néu 0<t<1

Taco f(t)=12 néu 1<t<3
2t—4 néu t>3

Tir do thi ta co, yebht < 2 < m < 4. — t
elt—1l+t—3 = (t>o)<:>0§t<1 hay | == pay 1170
—mt= m=4—2t . m =2 4 m=2t—4
0<t<l1 t>3
- 1<t<3 N s s
& 12 <m <4 hay 5 hay {m > 2 . Do d06, yéu cau bai todn< 2 <m <4
m =
t:4—m t:4+m
{ 2 | 2

(khi 2 <m < 4thi(2) c6 ding 2 nghiém ¢, ¢, théa 0 <t <lvat, >3 )

P& 08: (Dw bi- 2007) Tim m dé phuong trinh: {22 +1 — = = m c6 nghiém.
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Bai gidi: TXD: D = [0;-+00)

Xét ham sb f(a:) =z’ + —\E ;X € [O;+oo).

z L0, Ve> 0 Vi —2 <« LT
2

- 1
4(x2+1)3 Ja d(x2+1)3 it N

Taco f(:p) nghich bién trén [O;—i—oo) va lim f(z)=0néntaco 0 < f(z) <1, Vz € [0;+oo).

T— + 00

:f/(:z,’):—

Vy, phuong trinh (1) ¢ nghi¢m <> m thudc mién gia tri cia f(z) trén doan [0;+00)

< 0<m <l

Pé 09: (Khoi A- 2007) Tim m dé phuong trinh sau c6 nghiém:

3z —1+mz+1 =29 —1

N 1 1
Bai gidi: TXD: D = [1;+00). Phuong trinh d cho < _3\/x+1 +2§/x+1 —m (1)
xr

batt =4

, khi d6 (1) tr& thanh: — 3t* +2t = m (2)

Vit=+¢4 —41— 2 vaz>1nén0<t<1
x+1 r+1

z—1
z+1
Ham s6 f (t) = —3#" +2t (0 <t <1) c6 bang bién thien:

(Hodc sir dung dao ham véi t* = ,t>0, z>1)

t ‘ 0 1/3 1

1/3
ft)
0 — O~ -]

Phuong trinh da cho c6 nghiém < Phuong trinh (2) c6 nghiém ¢ € [O; 1)

s A TR PO 1
Dua vao bang bien thiéntaco cac giatri m cantimla: —1 <m < 3

Peé 10: (Khéi B- 2007) Chang minh rang véi moi gia tri dwong ctia tham s6 m, phuong trinh sau
ludn ¢6 hai nghiém thuc phan biét: z° +2z —8 = m(:c — 2)

Bai gidi: Theo gia thiét m > 0, ta c6 diéu kién ciia phuong trinh 1a 2 > 2.
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Phuong trinh da cho twong duong voi
X ) B =2
(m—2>(m + 6z —32—m> =0« P 462 —32—m=0

Ta chimg minh phuong trinh z° + 62° — 32 = m (1) ¢6 mot nghiém thuoc (2; +oo> :

Xét ham sb f(x>=x3+63:2—32 (3:>2>:>f/(3:>:3x2+12x>OV:E>2.

Bang bién thién:

Dua vao bing bién thién ta thiy, voi m > 0 phuong trinh (1) luén c6 nghiém thugc (2;+oc) nén
phuong trinh da cho luon c6 hai nghiém thyuc phén biét.

Pé 11: (D bi- 2007) Tim m dé phuong trinh: m(\/xz —2r+2+ 1) +2(2—1x) <0 cbnghiém

z E[O;l—l—\/ﬂ

Bai gidi: TXD: D=R.Ditt =2’ -22+2>0& > -2=2" 22

t'—2 (1<t§2), doze 0;1+«E]

Bat phuong trinh < m < <
+1

Khao sat ¢(t) = tt VOi (1 <t< 2)

4242

Taco: g/ (t) o

> 0. Vay g(t) dong bién trén [1;2).

Do d6, yéu cau bai toan < Bat phuong trinh m < tt cé nghiém t € [1;2]

& m< rr[}g]xg(t):g@):%.

Pé 12: (Khéi B- 2006) Tim m dé phuong trinh sau c¢6 hai nghiém thyuc phan biét:

NT'+mz+2=2z+1 (1)

Bai gidi:
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1 1

r>—— > =
Ta co: xfx2+mx+2:2x+1<:> 2 & - 2

x2+mx+2:<2x+1>2 SxQ—(m—él):z;—l:()(Z)
Dé phuong trinh (1) ¢6 2 nghiém phan biét

. x 1
< Phuong trinh (2) c6 2 nghiém z,, x, théa man: —3 <z <um,

A=(m—4f +12>0Vm

S m—4 1

== ~>_ = &S m >
2 6 2
f[—l]:§—|—m—_4—120V6if<m):3:1:2—<m—4)a:—1

N | ©

4 2
Céch khac: Pé phuong trinh (1) c6 2 nghiém phan biét

. « 1
< Phuong trinh (2) c6 2 nghiém z,, z, théa man: 3 <z <z,

3z* —1 :g<m>

Ta co: 3:L‘2—1:(m—4)a:<:>m—4:
T

> —=
2

o . 1 s P £ 1
Tien hanh khao sat y = g(:z:) x> —3| dua vao bang bién thién va dua ra két luan.

Pé 13: (Dv bi- 2004) Tim m dé phuong trinh sau c6 nghiém:

1:2+[m2—§]\/1:2+4 +2—m>=0

Bai gigi: TXD: D=R
PatyJz’ +4 =1t >2.

Phuong trinh di cho twong dwong véi: t* — 4 + [m2 — g}t +2-m*=0

<:>3t2—|—(3m2—5)t—6—3m2:0<:>3t2—5t—6:3m2(1—t)<:>3m2:m
1—t
Datf(t):—3t2_5t_6, t>2.Taco f/(t) = _3t2+6t2_11 <0Vi>2.
1—t (1—1)
Suy ra f(t) giam va lién tuc trén [2;+oo), f(2):4 va zlirficf t>:—oo.

Vay phuong trinh ¢ nghiém khi va chi khi 3m’ < 4 < ‘m‘ < 2

_E-
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Pé 14: (Khoi B- 2004) Tim m dé phuong trinh sau c6 nghiém:
m<\/1+x2 —J1—2? +2) —o1—g 41422 —1—27

Bai gidi: TXD: D = |~ 11|

Pt t =y1+22 —\V1—22.Dol+a >V1—22 = t>0 =0 z=0.
P=2-91-2'<2=t<2, t=Peor=1ve=—1.
Suy ra: Vz e[—l;l] =t [0;«/5} lién tuc trén [—1;1].

2
Phuong trinh da cho tré thanh m(t + 2) =t +t+2m= —t+i+2 (*)

t+2

Xét f(t):% (t e[O;ﬁD.Ta co f(t) lién tuc trén [O;\/ﬂ.

Phuong trinh da cho c6 nghiém x < Phuong trinh (*) c6 nghiém ¢ € [O; \/5 }

& i /(1) < m < max /(1)

Taco: f/ (t) = (tQ—;tt <0Vte [O; «/5] = f(t) nghich bién trén [0; «/5]
t+2

Suy ra Eﬁf(t) _ f(JE) b1 r[gl%;];f(t) — f(0)=1.

Vay cé4c gia tri m can tim la: «/5—1 <m<1.
I11- BAl TAP TU LUYEN:

Bai 1: Tim m dé phuong trinh sau c6 hai nghiém phan biét: myz’> +1 =z +2—m.

Bai 2: Tim m dé phuong trinh sau c6 nghiém: 2> —z — «/x +1— \/2 —xr=m.
Bai 3: Tim m dé phuong trinh sau c6 nghiém:

Bai 4: Tim m dé phuong trinh sau c6 4nghiém phan biét thuoc

_m.my.
4’4\

2
Bai 5: Tim m dé phuong trinh sau c6 nghiém thuoc (0;1): 4(10g2 «/;) —log, z+m = 0.

2

<4 4 4
sin" xz +cos” x+cos” 4xr =m.

Bai 6: Tim m dé phuong trinh sau c6 nghiém thuoc [32;+oo>:
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\/logi T +log, 7’ —3 = m(log2 T — 3) :
2
Bai 7: Tim m dé phuong trinh sau cé nghi¢m thuoc (2;4):

(m—l)logi(x—2)—(m—5)logl(x—2>+m—1:0.

2 2

Bai 8: Tim m dé bat phuong trinh sau ¢6 nghiém: 4° —m.2"™ +3 —2m < 0.
Bai 9: Tim m dé phuong trinh sau c6 nghiém: 4\/6 + = — 2* — 3z = m («/x 12423 — x) .
Bai 10: Tim m dé phuong trinh sau c6 nghiém: z* — 4z + vz —1 = m.

Bai 11: Tim m dé pt sau ¢ nghiém trén : log? z —5log, z +3m =0

4

Bai 12: Tim m dé pt sau c6 nghiém thuc: 3vz —1 + m«/x +1= 2{‘/1:2 —1

Bai 13: Tim m dé pt sau c6 4 nghiém thuc phan biét : 4% 2* — 2721 _ =

Bai 14: Cho bat huong trinh: \fo F1—Ja—a? > m (1)
a, Tim m dé bpt (1) ¢6 nghiém

b, Tim m dé bat phuong trinh nghiém ding vai moi x €[1; 2].

Bai 15: Cho bat phuong trinh: 4" —m.2" " —m > 0. Tim m dé bat phuong trinh nghi¢m diung
véi moi x € R

Bai 16: Tim m dé bat phuong trinh nghiém dung véi moi X sao cho ‘x‘ > %

92" —(m —1)6* 7 4+ (m+1)4* 7 >0

Bai 17: Tim a dé pt sau ¢ nghiém: \/m +14V3—2— \/(:c +1)(3—2x) =2a
Bai 18: Tim m dé pt c6 dung 2 nghiém thuc phan bist: 42z + 2z + 26—z + 26—z = m

Bai 19: Tim m dé pt sau ¢6 nghiém: sin* z + cos® z — cos 2z + lsin2 2c+m =20

Bai 20: Tim m dé pt sau c6 nghiém 2 € (0; g):
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1
— +
sinx  COoST

sin:z:—l—cos:(:—i—l—l—%(tanqucotx—l— =m

Bai 21: Tim m dé pt sau c6 nghiém thuoc (0; 1): 4log§ \E— log, z+m =0

2
Bai 22: Tim m dé bpt c6 nghiém: 4” —m2" —m +3 <0.

Bai 23: Tim m dé bpt sau nghiém dang véi moi x € R: sin® z + cos® z + sinz cosz > m

Bai 24: Tim m d& bpt nghiém dung véi Vz € [—4; 6] : \/(4 +1)(6—2) <2’ —2z+m

Bai 25: Tim m dé pt sau cd hai nghiém thuc phan biét: /2> + ma +2 = 2z +1

Bai 26: Chirng minh rang véi moi gié tri ciia tham s6 m, phuong trinh sau luén c6 hai nghiém
thuc phan biét: m(x —2) = 2° +22—8

\jx+1+\/y—1:m

Bai 27: Tim m dé hé phuong trinh sau c6 nghiém:
r+y=2m+1

. . 22— y—m =0

Bai 28: Tim m dé hé phuong trinh sau c¢6 nghiém duy nhat:
T+4zy =1
.. , i ) +3x—4<0
Bai 29: Tim m d¢ h¢ sau c6 nghiém: |
T — 3‘3:‘ x—m =20

V- TAI LIEU THAM KHAO:
1) Tuyén tap dé thi PH - CP toan qudc Bé gi&o duc va dao tao
2) Phwong phap ham sb trong giai toan TS. Lé Xudn Son - ThS. Lé Khanh Hung
3) Tuyén tap dé thi thit PH trén toan quéc
4) Tap chi Toan hoc va Tudi tré NXB Gido duc Viét Nam
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P/S: Céac bai tdp trong tai liéu chuwa nhdn dwoc si cho phép cua qui thay ¢é va cde co quan lién
quan, nhieng tai liéu bién sogn chi véi muc dich chia sé cho dong nghiép va tang cho cac em hoc
sinh ¢6 nguon tir liéu qui dé phuc vu kha néng tw hoc nén ching tdi xin phép céc tac gid, xin cam
on cac tac gia!

Trong qué trinh bién sogn khéng thé tranh khdi sai s6t, kinh mong qui thay cd va cac em hoc
sinh déng gdp dé céc ban update tiép theo diwoc hoan thién hon! Xin chén thanh cdm on!

CLB GIAO VIEN TRE TP HUE
Phu trach chung: Gido vién LE BA BAO.
Pon vi cong tac: Trwong THPT Phong Pién, Thira Thién Hué.
Email: beckbol210@yahoo.com Facebook: Lé Ba Bao
S6 dién thogi: 0935.785.115
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